S¢é GD&DT Bén Tre

Luwu hanh ngi bg

Tai ligu on thi tot ngiép THPT mén Todn néim hoc 2011-2012



S¢é GD&DT Bén Tre

~ UBND TINH BEN TRE CONG HOA XA HQI CHU NGHIA VIET NAM
SO GIAO DUC VA PAO TAO Déc lip - Tu do - Hanh phiic
S6: B4 §/ISGD&DT-GDTrH Bén Tre, ngay 23thdng 3 nam 2012

V/v Té chirc 6n thi tot nghiép
THPT nim 2012,
Kinh gri:
- Cac truomg Trung hoc phé théng;
- Céac trung tAm Gido duc thuomg xuyén huyén,
thanh pho.

Thuc hién Céng vin sd lﬁﬁQﬁBGD&BT-GDTrH ngay 26 thang 3 nam
2012 cia Bo Gido duc va Pao tao vé viéc 1;0 chirc 6n thi tét nghiép Trung hoc
phd thong, S& Gido duc va Dao tao yéu cau cac truomg Trung hoc phc- thon;:,
(THPT), céc trung tdm Gido duc thuong xuyén (TTGDT X) thuc hién tot cac ndi
dung sau:

I. Lip ké hoach, t6 chirc 6n thi tot nghiép THPT:

1. Hoan thanh chuong trinh 16p 12 theo dung ké hoach, phu hop voi
hwéng din Khung ké hoach thoi gian ndm hoc 2011-2012 va Hudng dén diéu
chinh ndi dung day hoc gido duc phd théng. Luu y khéng duge cat xén chuong
trinh da qui dinh.

2. Chi dao céac td chu} én moén, gido vién day cac mon thi t6t nghiép THPT
chi déng xdy dung tét ké hoach, n$i dung 6n tap, chi y den cac ndi dung kién
thire cia chuong trinh da duoc dleu chinh theo Cong van sb 5842/BGDDT-VP
cua B6 Gido duc va Pao tao ngay 01 thang 9 nam 2011 vé viéc huong dan diéu
chinh ndi dung day hoc glao duc pho thong Té chirc viée 6n tip dam bao thoi
gian, tap trung vao nhimg ycu cdu vé chuén kién thire, k¥ ning cua chwong trinh
gidao duc cap THPT, chu yéu nim trong chuwong trinh 16p 12, quan tdm viéc giap
hoc sinh hoc tip & cac mirc dc- nhén thirc théng hiéu va vin dung kién thirc. Thuc
hién cac giai phap hiéu qua td chirc on tap cho hoc sinh 1ép 12 phi hop vl tirng
nhom dbi trgng hoc sinh nhiam ning cao chét lwong kv thi t6t nghiép THPT nam
2012,

3. Trong viéc 16 chirc 6n tap cin huéng dan hoc sinh véan dung, lya chon
cac phuong phap 6n tip phu hop véi ndi dung cia mén hoc, két hop huréng dan
hoc sinh tu hoc, tur 6n 1ap voi On tdp theo nhom va 6n tap chun g ca lop; két hop
giira tr kiém tra danh gla cia hoc sinh véi kiém tra, danh gia trong nhom hoc tap
va kiém tra cia gido vién bd mén; chu trong thu nhan théng tin phan hdi vé két
qua on tap cia hoc sinh dé c6 diéu chinh hop ly, kip thoi.

4, Yéu cau giao vién chi nhiém 16p chi dong 1ap ké hoach, phoi hop voi
gido vién day cac mon thi tét nghiép dé phan nhom hoc sinh lép minh theo kha
nang nhén thirc; chon, cur gido vién co kha nang, kinh nghiém, nhiét tinh dé tang
cuong &n tap cho nhirng hoc sinh hoc lire yéu, vin ddng nhimg hoc sinh kha gio1
ho tro thém, gitip nhitng hoc sinh nay ndm duoc kién thirc, k¥ ning co ban theo
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yéu cdu cua k¥ thi. Pai véi hoc sinh kha, gioi can c6 thai gian 6n tap linh hoat,
tang cudng ti hoc co sir huéng dan cia gido vién bd mén.

5. Céc truomg THPT va giao vién chi nhiém, gido vién bd mon phai thong
nhét v&i hoc sinh va cha me hoc sinh dé sap xép thoi gian 6n tap hop ly, dam
bao sire khoe cta hoe sinh, 6n tap co hiéu qua nhung khéng gay qua ta.

II. Tham gia Héi thio chuyén mén (ning cao hiéu qua 6n thi tot nghiép
THPT) cua S& Gidao duc va Pao tao:

Tiép theo cong van s6 322/SGD&DT-GDTrH ngay 21 thang 3 nam 2012
cua S& Gigo duc va Pao tao vé viée Té chirc Hbi thao Néng cao chat leomg day
hoc cidp THPT, S& didu chinh mét sé ndi dung phu hop véi Ké hoach én thi tot
nghiép THPT nhu sau:

1. Piéu chinh thoi gian, dia diém t6 chirc Hbi thao:

TT| Mén  Piadiém Thi gian Ghi chu
I |Lichst | THCS My Hoa 04/4/2012
2 | Toan THPT V& Truong Toan | 05/4/2012 | Khai mac lie 7 git 30
3 |Hoahoc |THPT Vo Truong Toan | 06/4/2012 |
4 |Dialy THCS My Hoa 07/4/2012
"5 | Sinh hoc o
6 | Vit ly chuyén sang thési diém bdi dudng hé nam 2012

2. Tham gia nd1 dung Hoi thao:

- Mé&i don vi x4y dung 01 @ kiém tra hoc ky IT va 01 dé thi thir t6t nghiép
THPT (c6 ma tran dé va Hudng dan cham chi tiét) cho cac mén: Lich sir, Hoa
hoc; giri vé S& Gido duc va Dao tao (phong Gido duc trung hoc) bang file word
qua email: phonggdtrh.sobentre@moet.edu.vn truéde ngay 01 thang 4 nam 2012,

- Giao vién mang theo mdy tinh cAm tay khi tham dir Héi thao mén Toan,

- Céc t6 chuyén mén mang theo Ké hoach 6n tap thi tét nghiép THPT
nam 2012 cua té khi tham dy tip huén.

3. Cac nd1 dung con lai thuc hién theo cong van sd 322/SGD&DT-
GDTrH ngay 21 thang 3 nam 2012 cua S& Gido duc va Pao tao.

~ Nhén duoc cong van nay, yéu cdu Hiéu truong cac truong THPT, Giam
doc cac TTGDTX trién khai thuc hién day du va kip thoi. o/

Noi nhiin: 4 GIAM POC |
- Nhur trén; T noorHRy GIAM 50C
- Luu:VT, GDTrH. i -
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HUONG DAN ON TAP VA LAM BAI THI TOT NGHIEP THPT MON TOAN

Khi dn tap, can 6n theo ting chi d&&. M&i chi dé can hé thdng cac kién thirc co ban, tom tit
phuong phap giai caa cac dang bai tap, van dung kién thie dé suy luan, tinh toan chinh xac trong
cac tinh hudng cu thé va ghi chd nhimg sai sot thuong mac phai dé khic phuc.

l. Hwong ddn 6n tdp

Pé 6n tap tot can cha y cac van dé sau:

- Hoc sinh phai hiéu, thudc va nam viing cac kién thic trong sach gido khoa, nhé va biét van
dung vao cac bai tap cu thé.

- On tap hé thdng cac dang toan trong sach gido khoa mén Toan 16p 12.

- Khi 1am bai tap 6n tap can theo trinh ty tir dé dén kho, trudc hét hdy 1am cac bai tap &p dung
truc tiép cac cong thuc dé cang cb ly thuyét, sau d6 mai 1am cac bai tap doi hoi suy luan va tu duy
téng hop.

- Sau khi 1am xong maot bai tap can phai kiém tra lai cac budéc giai, rat kinh nghiém cho minh,
théng qua loi giai bai toan.

- Cudi mdi chi dé can phai 1am nhiéu bai toan téng hop.

- Tham khao céu trac dé thi tot nghiép mon Toan cua Bo gido duc nim 2010.

- Tham khao mgt s6 dé thi tot nghiép THPT mon toan nhimg nam gan day dé biét mac do kién
thirc cua mot dé thi tét nghiép THPT.

- Nam chac ndi dung giam tai mon toan THPT duoc Bo gido duc va Pao tao thong bao dau
nam hoc 2011-2012.

- Tham khao dap 4n va thang diém cua dé thi t6t nghiép THPT nhiing nim gan day dé rat kinh
nghiém trong viéc trinh bay.

- Hoc sinh can phai nam viing cac kién thirc, Ki nang néi trén va mot s6 kién thic lién quan
dugc hoc & cac 16p 7, 8, 9, 10 nhu: quy tic pha ngoac, quy tic nhan hai da thtc, quy tic chia da thirc
cho da thuc (tinh hudng thuong gap 1a chia tam thac bac hai cho nhi thac bac nhat), dinh 1i vé dau
cta nhi thire bac nhat, dinh Ii vé diu cua tam thtc bac hai ...

I1. Hwéng ddn lam bai thi

Trong qua trinh 1am bai thi hoc sinh can phai chi y mot sb van dé sau:

- Pé 1am tét bai thi hoc sinh phai rén luyén ki ning 1am bai. K§ ning nay bao gom phuong
phap phan tich dé tim ra 10 giai bai toan, ki nang trinh bay 151 giai bai toan va k§ nang tinh toan.

- Thang diém cua bai thi thudng duoc dit bén canh dap s ctia mdi phép toan hoac mot suy
luan logic hay sau mdi phép bién ddi, tinh gia tri biéu thuc... Néu hoc sinh tinh toén sai, viét nham
hoac suy luan khong dang ... thi mét rat nhiéu diém.

- Hoc sinh phai viét ding cac cong thirc, cac ki hidu Toan hoc, rit gon dung cac biéu thuc va
két qua o tat ca cac phép toan.

- Hoc sinh phai trinh bay du y trong quy trinh giai mot bai toan nhu: quy trinh khao sét va vé 46
thi ham s, quy trinh tim gi4 tri Ién nhat va nho nhat cua ham sé trén mot tap hop, quy trinh tinh tich
phan bang phuong phap ddi bién... Thang diém cua bai thi s& cin ctr vao cac budc trong quy trinh
giai Toan.

- Pé dat diém cao, hoc sinh phai trinh bay dep, dién dat tét, cac y rd rang. Sau mdi suy luan
logic nén xuéng dong, chia y rd rang. Tranh tinh trang viét 1i giai mot bai toan nhu viét mot doan
van, khi d6 néu hoc sinh sai & dong cudi ciing thi c6 thé bi mat nhiéu diém.

- Khi viét mét biéu thizc Toan hoc hoc sinh can c6 théi quen dat diéu kién dé cac biéu thic d6
c6 nghia. Ngoai ra, v4i biéu dién dai s6 cua sé phuc z=a+bi ta phai c6 diéu kién a, b 1a céc sé thyc
va trudc khi két luan dap s6 cuarv bai Toan, hoc sinh can c6 théi quen kiém tra lai diéu kién.
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- bac biét can cha y dén viéc hudng dan cho cac em hoc sinh str dung may tinh cam tay tinh
thanh thao mot s6 phép tinh don gian nhu: Tinh gia tri cta biéu thic tai x,; cong, trir, nhan, chia s6
phtrc; Tich vo hudng, tich ¢6 huéng, do dai vecto ... Nham gitp cho cac em giam tai vé phan tinh
d6ng thoi 1am tang tinh chinh xé4c, sy tu tin cua cac em trong qua trinh 1am bai tap on tap ciing nhu
lam bai thi.
\II. Huéng dan On tgp ting chui dé
1. Cha dé ung dung dao ham dé khao sét va vé dé thi ciia ham sé.
Hoc sinh can nam viing cac van dé sau day
- Tinh va xét dau dao ham cua cac ham sé; y=ax® +bx? +cx+d (a=0),

2
y=ax’+bx’+c (a=0), y:a>(+—b)(+(:(am #0), y_ax+b
mX +n cx+d

(c#0,ad —bc=0).

-. Xét tinh don diéu, tim cuc tri (néu c6) va tim diéu kién cua tham sé dé ham sé ¢6 cuc tri
hodc dat cuc tri taix,cho trudc ctia cac ham so: y =ax® +bx* +cx+d (a=0), y=ax*+bx* +c (a=0),
_ax+b ax’ +bx+c

= (c#0,ad-bc#0), y=— (am=0)
cx+d mx+n

- Tim duoc GTLN- GTNN cta ham sé (chl y cach tim GTLN-GTNN cua ham sé trén doan
[a;b].

, . L eia ~ ) N £ ax+b
- Xac dinh duoc cac tiém can cata ham so y = q
CX+

(c = 0) (co giai thich).

-. Hoc sinh thuc hién cac buéc khao sat va vé dd thi caa cac ham sé:

y=ax’+bx’+cx+d (@a=0), y=ax*+bx*+c (a=0), y_:X+b
X +

(c#0, ad —bc #0) theo dung thu tu

cac budc nhu d4 néu trong sach giao khoa hoac chuan kién thic ki nang. (P6i véi ham sé bac ba
néu thém diém udn cua do thi ham sé).

- Mot s6 dang toan thuong gap:

a) Su tuong giao:

+ DUng d6 thi bién luan s nghiém cua phuong trinh F(x, m) =0.

+ Dung phuong trinh hoanh d6 giao diém ciia hai duong dé bién luan theo tham s, sé giao
diém cua hai d6 thi.

b) Tiép tuyén:

+ Viét duoc phuO’ng trinh tiép tuyén cua d6 th1 (C) tai mot diém M thuoc (C).

+ Dung diéu kién tlep xUc cia hai duorng dé viét phuO’ng trinh tiép tuyén cua do thi (C) khi
biét hé s goc cua tiép tuyen hoac mot dlem ma tiép tuyen di qua.

2. Cha dé ham So ity thira, ham s6 mi va ham sé logarit.

Hoc sinh can nam vitng cac van dé sau:

- Thudc va van dung dugc c4c tinh chat vé lity thira (cha ¥ diéu kién ton tai)

- Thudc va van dung dugc cac dinh nghia, cac qui tic, cac tinh chat va dbi co s cua logarit.

- Nam duoc tap xac dinh, tinh don diéu, dao ham cua cac ham sé mi, liy thira, logarit (chd y
phan biét ham s6 mii, ham sé lity thira)

- Giai dugc cac phuong trinh md, logarit co ban. Van dung dugc cac phuO’ng phép dua vé cung
co sd, dat an phy, mi hoa, logarit hod, tinh chat ddng bién, nghich bién cua cac ham sé mii, ham s6
logarit dé giai cac phwong trinh.

- Giai duoc cac bat phuong trinh mi, logarit co ban. Van dung duoc hai phuong phap dua vé
cling co s6 va dat an phu.dé giai cac bat phuong trinh.
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3. Cha dé nguyén ham, tich phan va ing dung.
Hoc sinh can nam vitng cac van dé sau:
- Thudc dinh nghia va bang cac nguyén ham cua mot sé6 ham sb thuong gap.
- Hudéng dan hoc sinh khai thac tt cac tinh chat caa nguyén ham.
- Cha y bai toan tim nguyén ham F(x) caa ham s f(x) thoa diéu kién cho truéc.
- Huéng dan hoc sinh cac phuong phap tim nguy@n ham (trong chuan kién thirc ky ning trang

53).
- Thugc cong thic Niu-ton - Lai-bo-nit.
- Van dung dugc céc tinh chat cua tich phan.
- Phuong phap tinh tich phan thyc hién nhu phuong phap tim nguyén ham.

b
Chd ¥ : khi tinh céc tich phan dang [[f(x)dx thuc hién nhu SGK co ban trang 115&116

- Tinh dugc dién tich hinh phang giéi han bai:
a) Duong cong (C); y=F(x), tryc Ox va hai duong thang x=a, x=b.
b) Buong cong (C,); Buong cong (C,) va hai duong thang X=a, X=b.

- Thudc va van dung dugc cong thuc tinh thé tich cua vat thé tron xoay tao bai phép quay
quanh truc Ox cua hinh phang gigi han béi cac duong : (C); y=Ff(x), truc Ox va hai duong thang x=a,
x=bh.

4. Chai dé sé phic.

Hoc sinh can nam vitng nhiing van dé sau:

- Dang dai s caa sb phuc, phan thuc va phan ao cua sé phuc, sé phic lién hop cia mot s6
phirc, mo dun cua sd phirc, diéu kién dé mot sb phuc 14 sb thuc, diéu kién dé mot sé phic 12 sé 4o.

Cha y: Khi viét dang dai s6 z=a+bi ta phai c6 diéu kién a, b 1a cac sb thuc.

- Phép toan gitra hai s6 phirc. Ta c6 thé ap dung tinh chat cua sé phtic twong ty nhu d6i véi s6
thuc d6 1a: tinh chat giao hodn, tinh chat két hop, tinh chat phan phdi giita phép nhan va phép cong,
hang dang thirc dang nhé. Céc Ki nidng nhan va chia biéu thic véi dai lugng lién hop thuong duoc sir
dung khi bién d6i rit gon phan thirc lién quan dén sb phac. Cha v 1a chi ¢ dau bat dang thuc gitra
hai s6 thuc nhung khong c6 dau bat dang thuc giita hai sé phic bat ki.

- Phuong trinh bac nhat di véi sb phic: sir dung phép toan gitra cac s6 phirc hoic sir dung
dang dai s6 cuia s6 phuc dé giai phuong trinh.

- Phuong trinh bac hai nghiém phirc: Néu A =0 hozc A >0 thi ta st dung cong thirc nghiém
nhu ddi véi phuong trinh bac hai ¢d nghiém thuc. Néu A khong phai 1 s6 thuc thi phai chon céc sé
thuc m, n dé c6 thé biéu dién Abang biéu thic (m + ni)?.

- Phuong trinh tich véi nghiém phtic duoc bién doi tuong tw nhu dbi voi nghiém thuc.

- Phuong trinh dang A”+B* =0 ta khdng thé giai twong tw nhu d6i voi nghiém thuc ma phai
chuyén vé phuong trinh tich (A+iB)(A-iB)=0.

- Str dung dang dai s6 cua SO phue dé tim can bac hai cua sd phuc.

- Biéu dién hinh hoc cua sb phirc: Tim tap hop diém biéu dién sé phtc thoa man mét tinh chat
xac dinh. Tinh hudng thuong gap 1a viét z=x+yi voi X, y 1a c&c sé thuc, bién ddi cac diéu kién lién
quan dén z tuong dwong véi X, y thoa man mot phuong trinh duong thang hoac duong tron.

- Dang luong giac caa s phac (danh cho hoc sinh ban nang cao): Cho s6 phic dudi dang dai sd,
biéu dién s6 phirc duéi dang lugng giac, tim acgumen, st dung cong thic Moa-vro tim Ity thura bac
n cta sé phic; sir dung dang luorng gidc dé thyc hién phép toan gitra hai s6 phic (d6i v6i chuong
trinh nang cao). Trong phan nay, hoc sinh can nam viing mot sé cong thie luong giac caa 16p 10
nhu cong thire lién quan dén gia tri luong giac caa hai goc phu nhau, hai goc bu nhau, hai goc ddi
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nhau, cong thirc cong, cdng thirc nhan doi...

5. Chii dé khoi da dién.

Hoc sinh can chi y nhiing van dé sau

- Cong thic tinh dién tich cua tam giac, dién tich hinh thang, dién tich hinh chir nhat, thé tich
cua khéi chop, thé tich khéi lang try tam giac va lang try tar giac.

- Trong phan thé tich, hoc sinh thuong phai tinh duong cao cua hinh chdp hoic hinh lang tru.
Cac tinh hudng thuong gap:

i) Hinh chop déu c6 dudng cao di qua tAm ciia dudng tron ngoai tiép da giac day;

ii) Hinh lang tru ding c6 duong cao la canh bén;

iii) Hinh lang tru du 12 hinh ling tru ding c6 day 1a da giac déu;

iv) Hinh chép c6 mot mat bén vudng goc véi mat day, khi dé ap dung tinh chat hai mat phang
vudng goc dé xac dinh duong cao cua hinh chép hoac hinh lang tru.

- Hoc sinh nam vimg cach xac dinh goc giita hai duong thang, goc giira duong thang va mat
phang, goc gitra hai mat phang.

- Pé lam tét chu dé nay, hoc sinh phai nhé dinh 1i Pytago trong tam giac vudng, dinh i cosin
trong tam giac, hé thuc lién hé gitra gbc va canh trong tam giac vuong.

6. Chai dé hinh cau, hinh trg, hinh nén

- Nam viing cdng thirc dién tich ciia mat cau, thé tich caa khdi cau, dién tich xung quanh cua
hinh try, thé tich khdi try, dién tich xung quanh cua hinh nén va thé tich khéi non.

- V¢i dang toan hinh cau, hoc sinh phai biét xac dinh thm mit cau ngoai tiép da dién. C6 thé can
phai xac dinh tdm cua dudng tron ngoai tiép mot mat cua da dién, tir d6 xac dinh truc cua dudng tron
ngoai tiép. Mot sé truong hop thuong gap:

i) Cac dinh da dién cung nhin hai diém cé dinh dudi mot goc vudng, khi d6 tim mit cau Ia trung
diém doan ndi hai diém c6 dinh;

i) Hinh chp déu khi d6 duong thang di qua dinh va tdm cua duong tron ngoai tiép da giac day
|4 truc ctia dudng tron ngoai tiép day;

iii) Hinh chdp co day la tam gidc Vuong, khi d6 truc ciia dudng tron ngoai tiép day 1a duong
thang di qua trung diém cuia canh huyén va vubng goc véi day.

Nhu vdy, dé nam viing dang toan nay, hoc sinh phai nam viing céc loai quan hé vudng goc:
duong thang vudng goc véi duong thang, dudong thang vubng goc vai mat phang, hai mat phang
vuong gac.

7. Phwong phap toa dj trong khong gian

Hoc sinh can cha y nhung van dé sau:

- Cac dinh nghia vé toa do diém, toa d6 vecto, biéu thirc toa do caa cac phép toan (hoc sinh ghi
nhé toa do trong tdm tam giac, trong tam ta dién).

- binh nghia, biéu thirc toa do, tinh chat cuaa tich vo6 huéng cua hai vecto va ang dung.

- Binh nghia, tinh chét, tng dung cia tich ¢6 huéng cia hai vecto.

- Céc dang cua phuong trinh mat cau, xac dinh dugc tam va tinh ban kinh cua mat cau khi biet
phuong trinh cua no, vi tri twong d6i cua mat phang va mat cau (hoc sinh xac dinh dugc tiép diém
trong truong hop mat phang tiép xdc véi mit cu, xac dinh duoc tdm, va tinh ban kinh cua duong
tron giao tuyén trong trudng hop mat phang cat mat cau).

- Khai ni¢m va cach xac dinh vecto phap tuyén ctia mat phang trong céac truong hop thuong gap.

- Viét thanh thao phuong trinh mat phang khi biét mot diém va mot vecto phap tuyén cia no.

- Ghi nh¢ phuong trinh mat phang theo doan chan.

- Viét duoc phuong trinh mat phang tiép xUc vGi mat cau tai mot diém thudc mat cau.

- Nhan biét duoc vi tri twong ddi cua hai mat phang cé phuong trinh cho trugc.
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- Ghi nhé va van dung tot cong thirc tinh khoang cach tir mot diém dén mot mat phang.

- Nam duoc khai niém va biét xac dinh vecto chi phuong cta duong thang trong mot sé truong
hop thuong gap.

- Viét dugc phuong trinh tham s, phuong trinh chinh tac (néu c6) cua duong thang khi biét
mot diém va mot vecto chi phuong ctia nd. Biét chuyén doi qua lai gitra cac phuong trinh nay.

- Tim dugc diém thudc duong thang d4 cho.

- Biét xét vi tri twong dbi cua duong thang va mat phang, duong thang va duong thang (luu y
cach xac dinh giao diém cua duong thang va mat phang, cua hai dudng thang trong trudng hop
chidng cat nhau).

- Ren luyén céc bai tap trong sach giao khoa.

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012
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CHUONG I: UNG DUNG CUA PAO HAM
I. TOM TAT KIEN THUTC:
1). Sw don di¢u ciia ham sé:

* Pinh nghia:

v/ Hamsd y = f(x) dong bién trén (a;b) < vx,, X, €(a;b):x, <x, = f (%)< f(x,)
v/ Hamsd y = f(x) nghich bién trén (a;b) < ¥x,,x, €(ab):x, <x, = f(x,)> f(x,)
* Dinh Ii:

v’ Hamsb y = f(x) dong bién trén (a;b) < y'>0:Vvxe(ab).
v' Ham sb y = f (x) nghich bién trén (a;b) < y'<0:Vvxe(ab).
Chu y: dau “=" xay ra & mot s hitu han diém.

* Chay:
e Khi yéu cau “Tim khoang don diéu” tic 1a “Tim khoang don diéu trén tap xac dinh”.
e Dé xet tinh don diéu cia mot ham s, ta thuc hién nhu sau:
+ Tim D.
+ Tinh y'.
+ Tim nghiém cua y’ hay cac diém thudc D tai d6 y’ khong xac dinh ( néu co).
+ Lap bang bién thién.
+ Cin ctr vao bang bién thién ta két luan cac khoang don diéu.
e Ham s nhat bién dong bién (nghich bién) trén tirng khoang xac dinh, khi xét diéu kién du
khong xay ra dau “=".
2). Cuc tri ciia ham so:

a) DAu hiéu 1 : Khi x qua X, ma y' ddi dau ( theo hudng tir trai sang phai) tir :

o (+) > (-): X 1a diém cuc dai.
o () > (+): X l1a diém cuc tiéu.
—> Quy tdc 1: Lap bang bién thién, cin ctr vao bang bién thién ta két luan cuc tri caa ham
s6.
b) Dau hiéu 2 :

f'(x,)=0

) = X 1 diém cuc tiéu.
£7(x,) > 0

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012
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f'(x,)=0 . .
(%) = X, 1a diém cuc dai.
£(x,) <0
— Quy tac 2:
+ Tinh y'.

+ Tim cac diém x, ma tai d6 dao ham bang 0 .
+ Tinh y".
+ Tinh y"(x) va ding dau higu 2 dé két luan x, 1a diém cuc dai hay cyc tiéu.
Chay: + xladiém cuc tricaahamsd y = f(x) = f'(x,) =0
+ Khéng dung dau hiéu 2 khi f'(x,)=1"(x,)=0 hay f(x,) khong ton taii

+ Céac két qua sau day Sai_:

f'(x,)=0 : 2
o (%) < Xg 1a diém cuc tiéu.

f"(x,) >0

f'(x,)=0 . .
. (%) < Xo 1a diém cuc dai.

f"(x,) <0

3). GTLN - GTNN cia ham sé y = f(x)trén D :

* Pinh nghia:

v’ S6 M dugc goi la GTLN ciahamsb y = f (x)trén D < {3

X - . . R VxeD: f(x)
v" S6 m duoc goi la GTNN cia hamso y=f(x)trén D <

4). Cac dwdng tiém can cia do thi ham sé:

a) Tigm can ding: lim y=+ o = x=Xx, la tiém can dang cta d6 thi ham sb.
X—)X{f

Phurong phdp: Tim cac diém x, 1a nghiém coa mau nhung khong 1 nghiém cua tir = x = x,

| tiém can dtng caa do thi ham sb.

b) Tigm can ngang: lim y =y, = y =y, lati¢m can ngang cua d thi ham sb.
Phuong phap: Tinh limy va limy.

X—>—00

Cha y:

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012
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+ Ham da thirc: d6 thi khéng cé tiém can.

+ Xét ham phén thuc: y = lX):
Q(x)
v Néu bac P(x)< bac Q(x): dd thi co tiém can ngang.
v Néu bac P(x)> bac Q(x): dd thi khong c6 tiém can ngang.
5). Khdo s&t ham sé:

v Tim tap xéac dinh ctia ham s6 .

v Tinh dao ham y’, tim nghi¢m cta phuong trinh y’= 0 hay cac diém thudc D tai d6 y> khong
xéac dinh ( néu c6). Tinh gia tri cia ham s6 tai cac diém vira tim dugc.

Tim céac gidi han tai vb cuc, cac gisi han v cuc va tim tiém can (neu co).

Lap bang bién thién. Két luan cuec tri, cac khoang don diéu

Tim diém 14 giao cua d6 thi voi cac truc ( néu co ).

V& db thi.

NI NN

Ch

e

v' Ham sé bdc ba: db thi co tim ddi xung 1a nghiém cua phuong trinh y" =0 ( dac biét néu ham
s6 ¢c6 cuc dai va cyc tiéu thi tam d6i ximg 13 trung diém caa diém cyc dai, cuc tiéu).

v’ Ham sé trimg phwong: @6 thi nhan tryc tung 1am truc d6i xing.

v' Ham nhat bién: db thi nhan giao diém hai duong tiém can lam tam dbi xang.

I11.CAC DANG TOAN THUONG GAP:

1/ SU PON PIEU CUA HAM SO
Dang 1: Xét tinh don diéu ciia mgt ham sé: Lap bang bién thién.

Dang 2: Dinh gia tri ciia tham sé m dé ham sé dong bién (nghich bién) trén TXP: Dung dinh ly
& phan kién thac dé timm .

Cha y: Néu y'=ax’+bx+c(a=0) thi:

a>0
A<0
a<o0
A<0
CUC TRI CUA HAM SO

> y'ZO,VXeR@{

> y'SO,VXeR@{

Dang 1: Tim cac diém cuec tri ciia mgt ham sé: Ta dung quy tic 1 hoic quy tac 2.
Dang 2: Pinh gia trj ciia tham sé m dé ham sé dat cuc tri tai x,

Phuong phap:

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012 11
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+ Tim D.

+ Tinh y' = y'(x,).
+ Lap luan: Ham sé dat cuyc tri cyc tri tai x, = y'(X,)=0 — giai PT timm,

+ Vi tiing gia tri m vira tim duoc ta ding quy tic 1 hoac quy tac 2 kiém tra lai xem c6 thoa
diéu kién dé bai khong.

+ Két luan gia tri m thoa diéu kién.
Dang 3: Dinh gia tri cia tham sé m dé cac ham sé y = ax® +bx? +cx +d (@ = 0)va

ax® +bx +c¢ ; . z
y = o TXEC (@,m = 0) cO cuc dal, cuc tiéu:
mx +n

Phuong phap:
+ Tim D.
+ Tinh y’.
+Tinh A

+ Lap luan:

Ham sé ludn ludn c¢6 CPH, CT <y’ =0 c6 hai nghiém phan biét va ddi dau hai 1an khac nhau
khi qua hai nghiém d6 < PT y’ = 0 cd hai nghiém phan biét < A, > 0—> giai tim m.

Dang 4: Dinh gia tri cia tham sé m dé cac ham sé y = ax® +bx? +cx +d (@ = 0)va

ax® +bx +c A , :  z
y = & TXHC o m - 0) khong cb cue dai, cuc tidu:
mx +n

Phuong phap:
+ Tim D.
+ Tinh y’.
+Tinh A

+ Lap luan: Ham s6 khéng c¢6 CP, CT < PT y’ = 0 vO nghiém hoac c6 nghiém kép

& A, <0-—>giai timm.
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Dang 5: Ching minh véi moi gid tri ciia tham sé m ham sé ludn ludn cé cuc dai, cuec tiéu:

Phuong phap:
+ Tim D.
+ Tinh y'
+Tinh A, (néuy’ la tam thuc bac 2 theo x )

+ Chang minh : A, >0 va y’ doi dau hai lan khac nhau khi qua hai nghiém d6 = ham s6
lu6n luén c6 CH, CT.

GTLN -GTNN CUAHAM SO y=f(x) TREN TAPD:
1) Céch tim GTLN-GTNN trén (a,b):
+ Lap bang bién thién caa ham s6 trén (a,b).

+ Néu trén bang bién thién c6 mot cuc tri duy nhat 1 cuc dai (cuc tiéu) thi gia tri cuc dai
(cuc tiéu) 1A GTLN(GTNN) caa ham sé trén (a,b).

2) Cach tim GTLN-GTNN trén [a,b]:
+ Tim cac diém t6i han Xq,X, ..., X, cua f(x) trén [a,b].
(D6 1a cac diém 1am cho y’ = 0 hoic cac diém thuoc [a,b] ma y’ khéng xéc dinh )

+ Tinh f(a), f(x1), f(x2), ..., f(xy), f(b).

+ Tim s 16n nhat M va s6 nhé nhat m trong céc sé trén

M = rr[l%]xf(x) ;om= r[r;’ibrff(x)

Céch khac:
Lap bang bién thién trén [a:b] — két luan.
CAC BAI TOAN LIEN QUAN PEN KHAO SAT HAM SO:

Sw twong giao giiva 2 dé thi:

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012
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a) Bai toan 1: Tim so giao diém cua hai duong (C,):y

Il
—
—_
>
~
<
Q-
—_
O
N
~
<
Il
(o]
—_
>
~

+ Lap phuong trinh hoanh do diém chung cua (C,) va (C,): f(x)=g(x).

+ S6 nghiém cua phuong trinh hoanh dé diém chung chinh 1a sé diém chung cua hai
duong.

b) Bai todn 2: Dung d6 thj (C) bién luan theo tham s6 m s6 nghiém cua phuong trinh cho
trude, tathuc hién nhu sau:

+ Bién doi phuong trinh d4 cho vé phuong trinh hoanh d diém chung (mat vé 1a phuong
trinh ctia ham sé d4 c6 db thi (C), mot vé 1a phan con lai)

+ Lap luan: S6 nghiém cua phuong trinh chinh 12 sé diém chung caa (C) va (d).

+ Dya vao db thi, ta tim c&c gi4 tri m lién quan dén sé diém chung cua (C) va (d) — Két
luan.

I11. BAl TAP AP DUNG:

Bai 1: Tim cac khoang don diéu cta cac ham sé:

al y=4+3x-X’ b/ y:%x3+3x2—7x—2 ¢/ y=x"-2x"+3
d/ y=-x*+3x*-5 e/y=3XJrl f/yzl_—x
1-x X+2
X*+X-5 X% —2X X> —4x + 4
gy=—— h'y = Ky =—"7"7"
X+2 1+x x—1
I/ 'y=~/3x—x%* m/ y=+x*-x-20 n/ y=x+sinx

Bai 2: Chiing minh ham séy =+/9-x? nghich bién trén khoang (0;3) va dong bién trén khoang
(-3,0).

Bai 3: Pinh m dé ham s6 :

a) y=x"—3(2m+1)x* +(12m+5)x +2 ddng bién trén tap xac dinh.

Két qua: ——<m<

B 6
s

b) y=mx®~(2m-1)x*+(m-2)x—-2 dong bién trén tap xac dinh.
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c)y= —%mx3 +mx2 — x+3 nghich bién trén tap xac dinh.

2 — r
d y= x;—mx5 nghich bién trén tirng khoang xac dinh.

Két qua: khdng co m.

Két qua: 0<m<1

Két qua: m< —%

Bai 4: Pinh m dé ham s y = x® —3mx? + (m? —1)x + 2 dat cuc tiéu tai x=2.

Kétqud : m=1

Bai 5: Dinh m dé ham s6 y = x* —3x?+3mx+3m+4:
a. Khdng c6 cuc tri. Két qud : m =1

b. C6 cuc dai va cuc tiéu. Két qud : m <1

X2 —4X+m

Bai 6: Dinh m dé ham s6 y = n
—X

a. C6 cuc dai va cuc tiéu. Két qud : m>3

b. Pat cuc tri tai x=2. Két qud : m =4
c. Pat cuc tiéu tai x=-1 Kétqud:m=7

Bai 7:Tim gia tri ctia m dé dd thj cia ham s§ ¥ =X° +X* +(m+2)x
1. C6 cuc dai va cuc tiéu. Kétqud: m < —%

2. C6 2 diém cuc tri nam vé 2 phia cua truc tung.  Két qud : m < -2

3. C6 2 diém cyc tri v6i hoanh do am.

Két qud : —2<m<—%

4. Pat cuc tiéu tai x = 2 Két qud : m = -18

Bai 8: Chung minh ham s y :%x3 —mx? —(2m+3)x+9 ludn co cuc tri véi moi gia tri cua tham sb

m.

Bai 9: Tim GTLN, GTNN cua cac ham sb :

a) y=2x>+3x*—1 trén doan {—%;1}
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Két qud: maxy = (1) = 4; miny = f(0)=-1
[%;1] [%;1]
b) y=x-5+4-x*. Két qua: p%yz f(\/§)=2\/§—5; [rpzizrl]y= f(-2)=-7

¢) y = 2sinx —%sins X tréndoan [0:x]  (TN-THPT 03-04/1d)

( Huong dan: Pat t =sin x, (te[0;1])va xét GTNN-LN cua g(t) = 2t—%t3 tren [0;1] )

; 3z) 242 .
Két qua: Maxy=f|Z|=f]Z|=22: = £(0)=f(x)=
Ket qud: Maxy [J ( J 3 miny=1(0)=1(x)=0
d) y —ox+lo—2 trén doan [-1;2]
X+2
InX A L2 A 2 1 . H
e) y=— trén doan [1,6 ] Két qua: I}/Iazli(yz f(e):g,quy: f(1)=0
X 1e 1,e®
f)y = V2cos2x +4sinx  xe[01/2] (TN-THPT 01-02/1d)

TIEP TUYEN CUA PUONG CONG (C):y=f(x)
TOM TAT LY THUYET

e Phuong trinh tiép tuyén cua (C)tai M(Xo;Yo) : Y — Yo = F(Xo)(X — Xo)
e (C):y=f(x)va(D):y=g(x) tiép xtc véi nhau

b

( nghiém caa hé phuong trinh 12 hoanh d6 tiép diém )

Vin dé 1 : Lap phwong trinh tiép tuyén ciia (C) tai M(x,;Y,)
Phwong phap : Ap dung cong thiacy — yo = F(Xo)( X = Xg )

e Néu chua cho y, thi tinh y, = f(Xo)

e Neéu chua cho xo thi X, Ia nghiém cia phuong trinh f(x) = yq
Vi du: Lap phuong trinh tiép tuyén cua dd thi hamsé y = f(x) = x> — 3x + 2 tai:
a) Piém M c6 hoanh do Xy =0 b) Giao diém cua ( C ) véi truc hoanh
Gidi:a) Xy =0 = yu =2 =M(0;2) y' =f(x)=3x°-3 = f(0) =-3
Vay phuong trinh tiép tuyén 1y —2 = -3(x-0) < y=—3x+2

b) Phuong trinh tryc Ox :y=0.Tacd x*-3x+2= 0

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012
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& (x=1)(x2+x-2)= 0 =x=1 v x==2

+ x = 1: phuong trinh tiép tuyén y = F(1)(x - 1) < y=0

+ X = —2: phuong trinh tiép tuyén y = (- 2)(X + 2) < y=9(x+2)< y=9x+18
Vin dé 2: Lap phwong trinh tiép tuyén c6 hé sé géc k cho truéc

Phwong phap

Céch 1 : Goi M(Xq ; Yo) 12 tiép diém. Tiép tuyén co hé sb goc k

& f'(x,) =k . Giai phuong trinh tim Xoe D= y, = f(x,)

Phuong trinh tiép tuyén y —yo = Kk( X —Xo)

Céch 2 : Goi (d) : y = kx + b la tiép tuyén cua (C)

- {f’(x)zk (1)
f(x)=kx+b (2)

Lwuy Cho(d):y=ax+bnéu:

c6 nghiém . Giai (1) tim x thé vao (2) timb

e (dy) song song véi (d) thi (d) c6 hé s6 gock = a
e (d,) vudng goc véi (d) thi (d;) c6 hé sb goc k = —é hay ak= -1
Vi du
Cho (C):y=f(x) = x*-2x + 2. lap phuong trinh tiép tuyén caa ( C) biét
1) Tiép tuyén song song véi (d) : y=x+1 2) Tiép tuyén vudng goc véi (d):y =x + 1
GIAl
1) Goi M(Xo ; Yo) la tiép diém. Tiép tuyén song song véi (d) nén cé hé s6 goc k=1

o f(x)=1<3%x" -2=1 x,=*1

+Xo =1 = Yo =1 . Phuong trinh tiép tuyen y =X
tX=-1 =y=3. Phuc)’ng trinh tiép tuyen y=x+4
2) Vi tiép tuyén vudng goc vai (d) nén tiép tuyén co hé sé gock=—1 .

Goi (d;) : y =—x + b latiép tuyén cua (C)

- {3x2 -2=-1 (1)

cd nghiém
X} -2x+2=-x+b(2)

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012
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V3

(1)c>3x2—2=—1c>x=i?.T1‘I(2)VériX:J_r =>b=2%

w| &

23
=

2[

Phuong trinh tiép tuyén y= —x+2 7 =

Vin dé 3 : Lap phuong trinh tiép tuyén di qua mdt diém A(x;y,)

Phwong phap
Céch 1 : Goi M(xo ; o) la tiép diém.
Tinh yo = f(xo) va f'(Xo) theo X .
Phuong trinh tiép tuyén cua (C) tai M 1a:y — Yo = F(Xo)( X — X0 ) (1)
Vi tiép tuyén di qua A nén : y; — Yo = F(Xo)( X 1 — Xo) .
Giai phuong trinh tim X, thay vao (1).

Céch 2 : Goi (d) 1a duong thang di qua A c6 hé sd goc k .
Taco:

(d):y-yi=k(x-x.) (1) latiéptuyén cua (C)
@{f’(x):k (1)

c6 nghiém
f()=k(x—x)+y, (2 MM

Thé k tir (1) vao (2) giai tim x thé vao (1) tim k va thay vao phuong trinh (1) ra két qua.

Vidu Lap phuong trinh tiép tuyén cua (C) : y = f(x) = x> — 3x + 2 biét rang tiép tuyén di qua A2 ;

—4)
Giai:

Cach1: Gm M(xo ; Yo) la tiép diém . Ta CO Yo = Xo° — 3%o +2 VA

f'(Xo) = 3%> —3 Phuong trinh tiép tuyén cia (C) tai M 1a:;

Y- (%= 3% + 2) = (3%2 - 3)(X—X5) <y = (3x,7 ~3k-2x"+2 (1)
Vi tiép tuyén di qua A(2;—4) nén: —4=(3x"—3).2-2x,> + 2
Sx, =3%, =0 =%x,=0Vv X, =3

e Xo =0 phuong trinh tiép tuyén lay = —3x + 2

® X0 =3 phuong trinh tiép tuyén 12 y = 24x - 52
Cach 2 : Goi (d) la duong thang qua A va cd h¢ so goc k
Phuong trinh (d) 1y = k(x —2) — 4. (d) la tiép tuyen cua (C)

{3x2 3=k (1)
=

x*—3x+2 = k(x-2) -4 (2)
Te()va()taco xX*-3x+2=3x*-3) (x-2)-4
ox*-3x*=0x=0vx=3
e X =0 =k=-3. Phuong trinh tiép tuyén lay= —3x +2
e X =3 =k = 24= phuong trinh tiép tuyén 1a y = 24x — 52

c6 nghiém

Van dé 4 :Syr tiép xUc giira hai dwong

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012
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f'(x) = 9'(x)
f(x) =9(x)

Phwong phap : Ap dung : (C) va (D) tiép xtc véi nhauc{ c6 nghiém

Tir d6 suy ra gid tri tham s6 m.

Vidu Cho(C):y=f(x)=x"-x"+1va(D):y =g(x)=x+m
Tim dé€ (C) va (D) tiep xtic v6i nhau
GIAIL:
(C) va (D) tiép xtic v&i nhau
{f'(x) =g'(x) {4x3 —2x=2x (1)
P =
f(x)=9(x) x*—x2+1l=x"+m (2
(1) =o4x* -4x=0=x=0v x==+1
* x=0tr(2)tacom=1 ; * x=41 tr(2)taco m=0
Vin dé5: Bien luan phoong trinh bang phweng phéap fiol tho
Ph66ng phap: Cho (C) : y = f(x) , dda vao fioitho (C) bien luan theo m so: nghiem cua phédng
trinh F(x; m) =0
GIAI : Bien fioi F(x;m) =0 < f(X) =m

c6 nghiém

C)y="1(x

(d): y=m

(y = m la idong thang cung phddng voi Ox cat Oy tai filem coitung fio. m)

Ddia vao fioi tho fAe ket luan. ( chu y so sanh m vai cac gia tro coc tro , neu fioi tho coltiem can
ngang thi so sanh vai gia tro tiem can ngang )

Vidu: Cho(C):y=x>-3x*+2.

1) Khao sat ham so

2) D0Oa vao (C) bien luan theo m so nghiem cua :

X*-3"-m=0 (1)

Soinghiem cua phdéng trinh fia cho la soi giao fiiem cu,a{

GIAI :
1)
2)(1)C>x3_3X2+2:m+2 3 y /
So nghiem cua phaong trinh (L) la so giao fiiem cua | ©) Y AN
(d):y [1™:2 ] i truc hoanh)

ol 1 X
Do6a vao no tho taco : / \/

+ m<-2 vm>2 :Phdbng trinh ca 1 nghiem
+ m=-2 v m=2: Phédng trinh co 2 nghiem
+-2<m<?2 . Phdéng trinh co 3 nghiem

VAn dé 6: khio sat ham sé
Gv: Nhic lai cac budc khao sat ham sé cho hoc sinh.

Cac buwoc khao sat ham da thirc Cac bwoéc khao sat ham hiru ty
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& Tap xac dinh & Tap xac dinh

& Timy’ . & Timy’

& Giai pty’ = 0 (néu cd). & Gibi han & tiém can

& Gigi han & Bang bién thién

& Bang bién thién (KL:PB,NB va CTri)

(KL:PB,NB va CTri) & Piém db thi di qua

& Piém db thi di qua & D6 thi(KL: Tinh ddi xang cua do thi)
& D6 thi(KL: Tinh dbi xang cua do thi)

CAC BAI TAP LUYEN TAP

Khdo sat, vé dé thi ham sé. Céc bai toan lién quan...Ung dung cia tich phan.
* Ham bac ba:

Bai 1: Cho ham sb:y = x® — 3x + 2, ¢6 db thi 14 (C). ) yA
1/ Khao sat sy bién thién va v& d6 thi (C) caa ham sd.

2./ Viét phuong trinh tiép tuyén véi (C) tai diém M (0;2).

3/ Tinh dién tich hinh phang giéi han bai (C) va truc OXx. 2

HD Bai 1: 1 )
1/ Cyc dai (-1;4), cyc tiéu (1,0) — L . CHR
2/ PTTT tai M(0;2) 1a:y = —3x + 2 { _

3/ Dién tich hinh phang: Sy = j”x3 —3X + 2bx = .lf(x3 —-3X + Z)dx = 2%(dvdt)
2

Bai 2: Cho ham sd:y = —x® + 3x? — 4, ¢6 db thi la (C).
1/ Khao sat sy bién thién va v& 6 thi (C) caa ham sd.
2./ Viét phuong trinh tiép tuyén véi (C) biét tiép tuyén song song véi duong thang d: y = —9x + 2009
3/ Dung db thi (C) bién luan theo m s6 nghiém ciia phuong trinh: .x* —3x2 +m =0
HD Bai 2:

yA
1 |0 2 3 X

2 PTTTIla:y =-9x -9,y = -9x +23

3/ Xét phuong trinh: .x® —3x*> +m =0 ()

PT(Q) © x*+3&*-4=m-4

em—4>0<m>4:PTco 1 nghiém duy nhat

em —4 =0 < m = 4: Phuong trinh ¢6 2 nghiém phén biét

e —4<m-4<0<«< 0<m <4:Phuong trinh c6 3 nghiém phén biét
em — 4 =-4 < m =0: Phuong trinh ¢6 2 nghiém phéan biét
em—4< -4 < m<0:PTco 1 nghiém duy nhét.
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Bai 3: Cho ham sd:y = x® + 3x% = 2, ¢6 db thi 14 (C).
1/ Khao sat sy bién thién va v& d6 thi (C) caa ham sd.
2./ Viét phuong trinh tiép tuyén vai (C) tai diém thugc (C) c6 hoanh do x, = -3
3/ Tinh dién tich hinh phang giéi han boi dd thi (C) va duong thang d:y = 2
HD Bai 3: .

) 2 A
1/ Cuc dai (-2;2), cuc tiéu (0;-2) y
2/ PTTTla:y =9x + 25
3/ Tinh dién tich hinh phang: PTHPGD cua (C) va ) .
dx®+3x?-2=2=x*+3x*-4=0=x=1x=-2 )
1 1
Sy = ”x3 +3x° —2—(—2)bx = ”x3 +3x° —4bx =
2 -2
1
= J'—(x3 +3x? —4)dx = %(dvdt) -2 .
2

Bai 4 : Cho ham sd:y = x° + 3x2, ¢6 d6 thi 1a (C).

1/ Khao sat sy bién thién va v& 6 thi (C) caa ham sd.

2./ Tim diéu kién ciia m dé phuong trinh sau ¢ ba nghiém phan biét: x® +3x? -2 -m =0.

3/ Tim diém thuoc db thi (C) sao cho tiép tuyén véi (C) tai diém nay c6 hé sé goc nho nhat.

HD Bai 4:

2./ Tim diéu kién cia m: Xét PT:x® +3x2-2-m=0<x*+3>=m+2, kétqua: -2<m <2

3/ Tim diém thuoc do thi (C): Gia sitM,(x,;y,) € (C) = Hé sb goc cua tiép tuyén tai M, la:

f'(x,) = 3x2 +6x, = 3(x2 +2x, + 1) -3 > -3,f'(x,) = -3 & x, = -1 = hé sb gdc cua tiép tuyén dat
GTNN bang -3 g véi TT véi (C) tai diém c6 hoanh d§ x, = -1 twong ing y, = 2. Vay diém can
timla M,(-12)

Bai 5: Cho ham sb:y = 4x® — 3x —1, ¢6 db thi 14 (C).

1/ Khao sat sy bién thién va v& d6 thi (C) caa ham sd.

2./ Goi d 1a duong thang di qua diém 1(~1;0) va c6 hé sé goc k = 1.

a/ Viét phuong trinh duong thang d.

b/ Tim toa d6 giao diém cua d va do thi (C). . yA
¢/ Tinh dién tich hinh phang gii han bai (C) va d. [ [©
.. 1 1 d

HD Bali 5: 175 o3 X

(1 (1 | 48 >
1/ Cuc dai ——;Oj, cuc tiéu (—;—2} | 4

2 2
1 1
X |-® > 5 + o0 A -1
y' + 0 0 + -2

N T~
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2/

a/ Phuong trinh duong thang d: y =x —1.
b/ Toa d6 giao diém cua d va (C):
A(-1-2), 1(-10), B(10)

/S, = h4x3 —3x —1-(x —1)bx = h4x3 —4xbx = j.(4x3 — 4X)dx + j(4x —4x3)dx = Z“(dvdt)
,1 .

-1 -1
Bai 6: Chohamsé y = 2x° — 3(m + D)x2 + 6mx — 2m
1/ Khao sat va vé d6 thi (C) cia ham sé khi m =1.
2/ Tinh dién tich hinh phang giéi han boi (C), truc Ox va hai duong thang: x =1, x =2
HD Bai 6:
1/ m =1, tacohamsé: y = 2x% — 6x? + 6x — 2

y'=6x2 —12x +6 = 6(x —1)? > 0,¥x € R do d6 ham s6 ludn ludn ting va khong co cuc tri

YA

—_—

S;, = ‘2X3 — 6X* + 6X —ZPX =

2/

—_—

(2x® —6x” + 6x — 2)x = %(dvdt)

Bai 7: Chohamsdy =x® -mx2+m -1 , m |a tham sé.
1/ Khao sét va vé& db thi (C) caa ham sé khi m = 3.
2/ Viét phuong trinh tiép tuyén cua db thi (C) , biét tiép tuyén vubng goc véi duong thang

1 1
dy = 1x_1t
4 3 3
3/ Xac dinh m dé ham so dat cuc tiéu tai diém x = 2.
HD Bai 7:
, X | ~® 0 2 + o0
1/ m =3, tacohamso: y = x* — 3x? +2 . o - o -
Diém cuc dai: (0;2) Diém cuc tiéu: (2;-2) , 5 oo
_/CZ\(-ZZT/ .
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2/ PTTT la:y = -3x + 3.

3./ Ham s6 dat cuc tiéu tai diém x=2 khi m = 3.

Bai 8: Chohamsé:y =—x*+3x*-2,d6thi (C)

1/ Khao sat sy bién thién va v& do thi ham s6

2/ Viét phuong trinh tiép tuyén A voi (C) tai diém A0, - 2)

3/ d 1a duong thang qua K( 1,0) c6 hé sé goc m . Tim gié tri m dé duong thang d cat (C ) tai 3 diém
phan biét .

HD Bai 8:

1/ Biém cyc tiéu: (0;—2) Diém cuc dai:(2;4)
i yA

- 0 2
X ®© + o0 4

y

- 0 + 0 -
+© C§
y 4
\»2/ \_OO. 1 o) 1 2 3
CcT

Y <

2/ PTTT véi (C) tai diém A(0;-2).

3/ Phuong trinh duong thang d: y = m(x —1).

PTHDGD ciadva (C):x* -3x* +m(x -)+2=0 (1) | , x=1
x?=2x+m-2=0 (2)

d cat (C ) tai 3 diém phan biét < p. trinh (1) c6 3 nghiém pb < (2) ¢d hai nghiém phan biét khac 1

A'>0 m<3
= = &Sm<3
{1—2+m—2¢0 {m¢3

Bai 9: Cho hamsé: y = 2x3 —3x2 —1, db thi (C).

1/ Khao sét su bién thién va vé do thi (C) cua ham sé .

2/ Tim toa do giao diém cua ( C ) va duong thangd: y =x —1

3/ Dung db thi (C) bién luan theo m s6 nghiém cuia phuong trinh: 2x® —3x®> —m =0
HD Bai 9:

1/. KSHS
' 2 . X = :_1
e TXD:D=R oy =6X“-6X, y=0<:>x_ _
e Gigihan: limy=-wo, limy=+o
X—>—0 X—>+00
e BBT
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X - 00 0 1 +

y' + 0 -0 +

y 0 T
e DDB: (-1; -6); (%,—gj (2; 3) 'w/c§\_C2T/
e D) thi:
2/ Tim toa do giao diém cua ( C ) va duong thiang d: PTHPGD: 2x3 — 3x?* —x = 0.

_ =0
x(2x2 —3x —1)=0< ¥ =0 o
= ( ) 2x2 —3x —1=0 X:C%i\/E
4

Thay vao PT dt (d) ta co toa do giao diém.

Bai 10: Cho ham sé:y = %x3 —x?

1/ Khao sat sy bién thién va v& @6 thi (C ) ctia ham sb .

2/ Chitng minh rang duong thangy = %x —1 cat do thi (C) tai 3 diém phan biét A, M, B trong d6

M la trung diém ciia doan AB. Tinh dién tich cua tam giac OAB.

HD Bai 10:
2/ Lap phuong trinh hoanh do giao diém, giai dugc 3 nghiém x =+1 ; x =3 :A(—l;—%j;
’ yA
M[1-2];B@E0 2
!_5 ’ ( ’ ) 3T
. . -2, /- 0
tur ket qua trén = M la trung dieém cua doan AB. ' 3
Dién tich tam giac OAB: S,z = %.3.% =2 (dvdt) "3

* Ham nhat bién

2X +1

Bai 11: Chohamséy = : c6 do thi (C)

X —
1/ Khao sat sy bién thién va vé d6 thi ham sé
2/ Tim m dé (C) cat duong thiang (d): y = m(x + 1) + 3 tai 2 diém phan biét A,B nhan
I(-1;3) 1am trung diém AB.
HD Bai 11:

1.Khao sat va vé do thi (C) ham sé.
> Téap xac dinh: D = R\ {1}
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>y’ = —( )2 = y'<0, Vx =1, ham s6 giam trén ting khoang xac dinh.
x -1
> limy=2= d6 thi c6 tiém can ngang la y = 2
> limy =+o0; limy = —o0 = dd thi c6 tiém can ding 1a x =1
x—1t Xx—1"
X |-o0 1 + oo
> BBT .
y - -
y 2 ) +OO
\_OO \ 5
> Db thi:

2/ Ta thay I(-1;3) nam trén (d). Hoanh do giao diém cua (C) va (d) 1a nghiém caa phuong trinh
2x +1

X -1
dé (d) cat (C) tai 2 diém phan biét A,B nhan I 1am trung diém AB<=> (*) c6 2 nghiém phan biét

=mX+1)+3<mx+x-m-4=0(*) ((*) khéng c6 nghiém x = 1)

s X X, m =0 1
X1, X, thoa man : =-1, A=1+4m(m+4)>0<:>m:E
1,
m
Bai 12: Chohamséy = x+1) (C).

X =2
1/ Khao sét va v& db thi (C) caa ham sb.
2/ Viét phuong trinh tiép tuyén véi (C ) tai giao diém cua (C) va truc tung.
3/ Tim tat ca cac diém trén (C ) c6 toa ¢ nguyeén.

HD Bai 12:
3/ Co 6 diém thudc (C) co toa dd nguyén 1a: (1; -6); (3; 12); (-1; 0): (5; 6); (-7; 2) va (11; 4)
Bai 13: Chohamsb: y = ZXX _21

1/ Khao sat su bién thién va v& 6 thi (C) cua ham sé

2/ Chang minh rang véi moi gia tri cia m, duong thang y = x —m ludn cét (C) tai hai diém phan
biét.

HD Bai 13:

2/ PT HPGP cua (C) va dudng thangy =x —m :

2x -1
X =2
x =2 khong la nghiémcuapt (*)va A=(m +4)* -4.2m +1) =m? +12 > 0,vm.

=x-m x> -M+4x +2m +1=0,x = 2 (¥)
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Do do, pt (*) luon c6 hai nghiém khac 2. Vay duong thang y = x —m 1udn cat (C) tai hai diém phan
biét.

Bai 14: Chohamsby = 2 +il
X J—
1/ Khao sét va v& db thi (C) caa ham sb.
2/ Viét phuong trinh tiép tuyén véi vai @6 thi (C) tai giao diém caa (C) va truc OX.

3/ Tim m dé duong thang d:y = —x +m cét (C) tai hai diém phan biét .

HD Bai 14:
N Je . Z . 2x +1
Ham so duoc viét lai: y = il
X J—
1.Khao sat va vé do thi (C) ham sé.
>Tap xac dinh: D =R\ {1} »>y'= —( 3 )2 =y'<0, ¥x =1, ham s6 giam trén timng khoang xac
x -1
dinh.
> limy=2= ddthicotcnganglay =2, limy =+o; limy = -0 =d thi c6 tc dung 1a x =1
X—>+e0 x—1t X—1"
> BBT
X |-o0 1 + oo
y 2 ) + o0
\_OO \ 5
> Db thi:

2.Viét phuong trinh tiép tuyén véi véi do thi (C) tai giao diém cua (C) va truc OX:
>Thay y =0 vao ham sd ta co x = —% = d6 thi ham s6 cat truc hoanh tai diém M, (—%;Oj

> Phuong trinh tiép tuyén c6 dang: y -y, = f '(x,)(x —X,) trong dé:

xoz—l;yO:OV‘l y'=-— 3 5 :>f'(x0)=—12:>PTTT:y:—ﬂx—g
2 (X—l) 3 3
3.Timmdéd:y=—x+m cat (C) tai hai diém pb.
>PTHDGD: 2 +11=—x +mogX)=x?+0-mx+1+m=0 (1) (x #1)
X_
>YCBT < PT(1) cé hai nghiém phan biét =1
g =0 (320 m<3-242
= = 2
A>0 m?-6m-3>0 |m>3+2y2
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X +1

Bai 15: Chohamsé y = 2= ¢6 dd thi (C).
X+1

1/ Khéo sét su bién thién va vé& do thi ham sb.

2/ Tim diém M trén Ox ma tiép tuyén di qua M song song voi dudng thang (D):y = - 2x
HD Bai 15:

>TXD : D =R\ {-1}

> Chiéu bién thién y’=—— i)z , 'y’ <0 vé&i moi x # -1, hs nghich bién trén cac khoang: (-o0;-1)
+
va (-1;+o)
>Tiemean: fim 1=+ jim X"l =% Nenx=-1TCD
x>-1" X+1 x>-1 X+1

limy=-1 Nény=-11aTCN

X—>*too

> Bang bién thién.

> P4 thi: db thi cat Ox tai (1;0), cit Oy tai (0;1)

2/ Néu goi Mo(Xo;Yo) 1a tiép diém thi tir gia thiét ta co T =-2'suy ra Xo=0 Va Xo=-2 Vi %x,=0
X, +

thi yo = 1 ta co pttt tai Mo 13y = -2x + 1 nén cat Ox tai M(1/2;0)
Vi Xo= - 2 thi yo = - 3 ta c0 pttt tai Mg [y = - 2x - 7 nén cat Ox tai M(-7/2;0)
Viy c6 hai diém thoa ycbt: M(1/2;0) va M(-7/2;0)
Bai 16: Cho hamsé y = —= (C)
X+1
1/ Khao sét va vé& db thi (C) cua ham s
2/ Tim m dé duong thang d: y = mx + 2 cat ca hai nhanh cuaa db thi (H).
HD Bai 17:
2/ Phuong trinh hoanh do giao diém: mx? + (m + 4)x +2 =0 (¥), x = —1.
d cat hai nhanh cua (H) < (*) c6 2 nghiém thoa man: x, < -1<x, <t <0<t,
voit=x+1. Tim duoc m >0
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2X — 3

Bai 18: Cho hamsé: y = . c6 do thi 1a (C).

1/ Khao sat sy bién thién va v& d6 thi (C) caa ham sd.
2/ Tinh dién tich hinh phang giéi han boi (C) va haiong thang x = 2; x = 4.
3/ Viét phuong trinh céc duong thang song song véi duong thang: y = —x + 3 va tiép xdc véi do thi
(©)
HD Bai 18:
3/ CO hai tiép tuyén thoa ycbt: (d,):y = —x -3, d,):y = x +1
* Ham trung phuwong
Bai 19: Cho ham sé: y = x* — 2x?
1/ Khéo sét su bién thién va vé& do thi caa ham sb.
2/ Pinh m d phuong trinh: x* — 2x2 + logm —1 = 0¢6 4 nghiém phan biét
HD Bai 19:
2/ Phuong trinh ¢6 bn nghiém phan biét < —1 <1 —logm <0 <> 10 <m < 100

Bai 20: Cho ham sé: y = %x“ _3x2 +g c6 db thi (C).
1/ Khao sét va v& db thi (C) caa ham sb.
2/ Viét PTTT véi d6 thi (C) ciia ham s6 tai diém thudce (C) c6 hoanh do x, = 2.

3/ Tim diéu kién caa m dé phuong trinh sau c6 4 nghiém : x* —6x%+1+m = 0.
HD Bai 20:

1/ KSHS: y = 1x4 — 3x2 +§
2 2
e TXD: D =R
o3¢ "Z0 X =0 y=3/2
oy =/X"-0X, ¥y =0
x=J_r\/§;y:—3
e Giodi han:xﬂrinooy:ﬂo, ! CVAE
e BBT K
_g-ﬁ ﬁZ
X | - '\/5 0 \/5 + o t t o 1 :g
y' - 0 + 0 -0 o+
+ cs8s + oo
y CcT E CT
\_3/2\3/ 5
A Ty B
CT -3 CT
2/ PTTT véi (C) tai x, =2 .

*X,=2=Y,=-5/2
o f(x)=2¢°-6x = f(x,) =4
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e PTTT:y =4x—-(2172)

3/ Tim m dé pt sau cd 4 nghiém : x* —6x2+1+m =0.
3

> X' —6x?+14+m :0<:>1x4—3x2+—:1—m
2 2 2

>Paty = —x®+3x +1,d6thi (C)viravévay =1— %: d6 thi 1a duong thang(d) cuing phuong Ox

> S6 nghiém cua PT = s6 giao diém cua (C) & (d)

>YCBT @—3<1—%<§©—1<m <8

Bai 21: Chohamsé : y = x?(m —x?)

1/ Khao sat sy bién thién va v& 6 thi (C) cua ham sé khi m = 4.

2/ Viét phuong trinh tiép tuyén véi d thi (C) tai diém c6 hoanh @6 x, = —1 .
HD Bai 21:

1/ > m =4 tacohamsd: y = —x* + 4x?:

e TXD:D=R, ey =—4x°+8, y =0

e Gidihan: limy =-o
X—>to0

.x -0 \/E 0 \/E + o0

« BBT y' o - 0 + 0 -
1| e\ cOT/ N

Bai 22: Chohamsé:y = (1-x2)? -6, d6 thi (C)

1/ Khao sat sy bién thién va v& d6 thi (C) caa ham sd.

2/ Bién luan theo m sé nghiém caa phuong trinh: m —x* + 2x2 =0

3/ Viét phuong trinh tiép tuyén ciia d6 thi biét nd song song voi dudng thang d: y = 24x + 10

3/IPTTTIla:y =-4x -1.

HD Bai 22: 1/y':4x3—4x,y'=0c{x:0:>y:_5
X=2l=>y=-6
3/ Taco: 43 —4x =24 > x3 -x-6=0<=x=2,khix=2=y =3.VayPTTT & y = 24x — 45
Bai 23: Chohamsdy = —x* +2x% + 3 dd thi (C)
1/ Khao sét va vé& db thi (C) cua ham s
2/ Tim m dé phuong trinh x* —2x? +m =0 (*) ¢6 bn nghiém phan biét.
HD Bai 23: 2/ Phuong trinh (*) & —x* +2x2 +3=m + 3
PT (*)c6 4 nghiém pb khi dt: y =m + 3 cét (C) tai 4 diémpb < 3<m+3<4<0<m<1.
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PHUONG TRINH , BAT PHUONG TRINH MU VA LOGARIT
I. KIEN THUC CO BAN :
1) Luy thira:

* C4c cdng thiec cAn nhé: 0<a =1

* Quy tic so sanh:
+Voia>1lthia™" >a" <m>n
+Voi0<a<lthia™ >a" &m<n

2) Can bacn

Wb — Y o S () i =

3) Logarit:
* Pinh nghia: Cho a,b > 0a=1:log.b =a < a" =b
* Tinh chat:
log, 1=0; log.a =1 log,a* = a%’ =bp
* Quy tic so sanh:
+Voia>1thi:log,b>log.c <b>c
+Voi0<a<lthi:ilog.b>log c<b<c

+log b =log,c =b=c
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* Quy tic tinh:

log, (b,b, ) = log, b, + log, b,

log, b* = «alog_b

* Cong thire doi co sb:

log ¢
log, ¢ = Iogab
1
log b =
% log, a
*Chuy:

Logarit co sb e ki hiéu la: Inx

4) Bang dao ham can nhé:

b
log, b—l = log, b, —log, b,

2

Iogaﬂ b = lIoga b
«

hay  log, b.log, ¢ =log, ¢

hay log,b.log, a =1;

Logarit thap phan (co sé 10) ki hiéu 1a: logx hozc Igx

Pao ham cia hs mii va logarit

Pao ham ciia ham sé hep u = u(x)

(Iogax) =

x.lna

5) Phwong trinh mii, phwong trinh logarit:

PHUONG TRINH MU

PHUONG TRINH LOGARIT

Dangco | a* =b(0<a=1;btuyy)
bdn.

log. x =b( 0<a=1;btiyy)
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Cach + b < 0: Pt vd nghiém. Pt ludn cé ny: x = a°
gidi
dang co +b>0:Ptcolng x =log, b
ban. c s

“ Chuy: Xetb.
Céch 1. Pua vé cung co so: 4p dung: 1. Pua vé cung co so: ap dung:
gigicac |af® =a9%% & f(x) =g(x)(0<a =1). log, f(x) = log, g(x) < f(x) = g(x)(
dgng pt 0<a=1vaf(x)>0 hoic g(x) >0
don 2. Pat an phy: t =a'* (dk t) . ) 4 909> 0).
gian. 2. Patan phu: t = log, f (x) .

Cha y: Piéu kién xac dinh ctua phuong
trinh.

6) Bat phwong trinh mii, bAt phwong trinh logarit: phuong phap tuong tu nhu phuong phap giai
phuong trinh mii va logarit nhung ta can xét a dé xac dinh chiéu cua bat phuong trinh.

cha y:

e Khi giai pt, bat phuong trinh mii co ban ta phai xét b.
e Khi giai pt, bat phuong trinh logarit ta can dat diéu kién xac dinh cua phuong trinh.
Il. CAC DANG TOAN PIEN HINH :

Dang 1: Tim tdp xdc dinh cia ham sé

Tim tap xac dinh cua cac ham sé sau:

a)y=e

In(—x2+5x+6)

b)y = Iog(x2 + 3x -|—2)

3 2 1-x
c)y:Iogzlo—_X d) y = log, (2—x) e)y:|09ﬁ1+x
f)y:& g)y=Ilog, v—x*+4x +5 h)y =+2™ +¢* -3
log. (x — 2) I
KQ:
a) (—16) b) ¢) (—o0;10) d) R\ {2}
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[y

e) (-11) f) (2+00)\ {3} 0) (-15) h) [0;+)

Dang2: Chirng minh mét ding thirc c6 chiza dao ham

Chtrng minh ham sé sau thoa hé thuc:
a)y =K +1e* thoay —y =¢*

b)y =In thoa xy’ +1=¢’

X+1
c)y =e* +2* thoay” —13y’ —12y =0

Dang3 : phwong trinh mi

Bai 1 : Giai cac phuong trinh sau:

2_ gy 5
a) 2t — 3 b) 2" 72 —16\2
C) 32x—3 _ 9x2+3x75 d) 2x27x+8 g
*5 x+17
e) 5% —3.5%" =110 f) 32¢7 = 2.128*3
2) (9] 27
2X + 2X71 +2X72 — 3X _ 3X71 + 3X72 h < 1= _ =
9 ) 3 8 64
x-1
k) 3% = 65273 ) (V5+2)"=(5-2)

KQ:

3 2

2 {g} b) {-1,7} , ‘ _Zi_gﬁ] d) {~2-3} e) {1}

H {i_:} 9) {2} h) {3} k) {2} i) {2}

Bai 2 : Giai cac phuong trinh sau:
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) 2% +2¢* T =17 b) 3% -9.3 +6=0

C) 7" 427" —-9=0 d) 2% —9.2* +2=0

e) 92X+4 '4.32X+5+27:O f) 52X+4—110.5X+1_75:O
51 (2] 8

9 |>| —2|2] +==0 h) 5% — 5% — 20
2 5 5

i) (4—\/E)X+(4+\/E)X:2 j) [\/5+2J€]X+[\/5—2JE]X=10

K) 12.9° — 35.6" +18.4 =0 l) (3"+2")(3+3.2")=8.6"
KQ:
a) {—3} b) {O;Iog3 2} C) {1; log, 2} d) {—1;2}
o[+ 0 {0} 9 (-1 ) {4
i) {o} ) {=2} K) {-1.2} N {O;Iogg 3}

Bai 3: Choham s y= %ez”l —et

Giai phuong trinh : y'-2e=0
KQ: {In2}

Dang4: phwong trinh logarit

Bai 1: Giai cac phuong trinh sau:
a) Iogzx+logz(x +1):1 b) Iogz(S—x)+Iog2(1—x):3
C) Iog(x +1)— Iog(l—x) = Iog(2x +3) d) log, (x +2)— log, (x —2) = 2log, 6

e) logsx + log,X + 2l0gX =5 f) log ; (x —2).log; x = 2log,(x —2)

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012 34



S¢é GD&DT Bén Tre

g) logsx = loge(4x + 5) + %

KQ:

) {1} b) {1} 0 ‘—1+\/§] d) %
2

o (4] 09 o o o1

Bai 2: Giai cac phuong trinh sau:

a) log2x +6log, x = 4 b) log, (3* —1).log, (3*** — 3) =12

c) log} (x ~1 + log, (x 1) =7 ) log, (9 +7) ~2 = log, (3" +1)

1 n 2 1
4 —Inx 24+ Inx

) 3y/log,x —log,3x =1

K) log, (4.3X —1) =2x+1

e) f) Iogzﬁx+3logzx+log%x:2
h) logs(3* - 8) =2 - x

m) log, |5 + 4.log,(x —1)| = 2

2 {2. i} b) {log, 28;log, 82 — 4} . ’ d) {2; 3}
'16 c) 13; > +1

e) {e;ez} f {%\5} 9) {3;81} h) {2}

9 {01 m) {4}

Bai 3: Cho ham s y=In?x (x > 0)

Giai phuong trinh : y—xy'-=3=0

@ )
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Dang5 :Bat phwong trinh mii

Bai 1: Giai c4c bat phuong trinh sau:

2X+5 6
a) 16°* > 8 b) [% <9 C) 9 < 3r+2
1 x2—x—6 1 4x2—15x+4
d) [_] > l e) 2[_] > 23x+5 f) 62X+3 < 2X+7.33X71
4 2
KQ:
2 [2 o b) c) d) (-23) |e)(1:2) | (4i+o0)
4 [ 7 (o0 —3]u(-2:1]
—E,-l-oo

Bai 2: Giai cac bat phuong trinh sau:

a) 5> 42> 3.5 b) 5% -257%>3
C) 2270 277 > 17 d) 5.4* 4 2.25 < 7.10"
e)2.16* — 2% —4%? > 15 f)4* —16" < 2log, 8
1, i,
g)3—-3"*+8>0 h) 4« >2«< 4+3

i) 5 — gl 2(5x—1 _ 3x—2)

KQ:

) (—0i0]flogs 2i+0) |b) (2i00c) | ©) (~34o0) | ) [0 e)(L+00)
f) ) 0; +o00 . i) 3 400

(—00;0) U (log, 3;+c0) 9 (0:+oc) h) [Oﬂ (8+00)

Danqb6 :Bat phwong trinh logarit

Bai 1: Giai c4c bat phuong trinh sau:

a) Iog4(x +7)>Iog4(1—x) b) |ng(x2—4x—5)§4
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c) log, (x +5) < log, (3—2x)_4

d) Iogl(logsx) <0
2

e)2|og8(x—2)—logg(x—3)>% f) Ioglz_3xz—1
3
KQ:
a) (-3:1) b) [-3,-1) U (5:7] o577
18
d) [3;+00) e) (3:+00)\ {4} nlL2
3'3

Bai 2: Giai cac bat phuong trinh sau:

a) Iogix+3loglx>0 b) L + L >1

3

c) log;x + log, 4x —4 >0

e) Iogs(SX —4)>1—x

1—logx logx

2 R—
log°x — 3logx + 3 <

d
) logx —1

f) log, (2% —4) > -2

3

1

KQ:
a) (0:1) U (27; +o0) b) (1;10) N [ N % [2io0)
d) (0;10) e) (L+o0) f) (—00:2)
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CHUONG 111
NGUYEN HAM - TICH PHAN
A.NGUYEN HAM
I. Nguyén ham :
1/ Pinh nghia

Ham s6 F(x) goi la nguyén ham cia ham sé f (x)trén K néu
F'(x)=f(x);vxeK.

Ki hiéu :
If(x)dx:F(x)+C. ( C 13 hing s6)

2/ Tinh chét :
Tinh chat 1 : jf'(x)dx: f(x)+C
Tinhchat2: [k (x)dx=k][ f (x)dx (k #0)
Tinh chat 3 : I[f(x)ig(x)]dx:jf(x)dxijg(x)dx

3/ Nguyén ham ciia nhitng ham sé thuong gip : (m,neR;m#0)

Idx:x+C jkdx:kx+C
J'Xa B Xa+1 (a;é_l) ) 1 (mx+n)a+l
_a+1 J.(mX+n) dX:ET—i_C(ai_l)

'[%:In|x|+c j d :iln|mx+n|+C

X mx+n m
IeXdXZeX +C J'emx+ndX=£emx+n e

m
jaxdx: a +C J'amx*”dx:la +C
Ina m Ina

jsinxdx=—cosx+C Isin(mx+n)dx=—%cos(mx+n)+c

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012

38



S¢é GD&DT Bén Tre

jcosxdx=sin Xx+C

Jcos(mx+ n)dx=%sin(mx+n)+c

X
J dz =tanx+C
COos” X

dx 1
S Y | C
J‘cosz(mx+n) m an(mx-+n)+

dx
J_z =-—cotx+C
sin® x

dx 1
. Y C
J‘sinz(mx+n) mC0 (mx+n)+

4/Tim nguyén ham bing dinh nghia :

Muén tim nguyén ham cua mot ham sé bang dinh nghia, ta phai bién d6i ham

sb nay thanh tong hoac hiéu caa nhitng ham sé don gian da biét hoac c6 thé

tim dugc nguyén ham.

5/Tim nguyén ham bang phwong phdp doi bién sé :

Dinh 1y :

Néu jf(u)du =F(u)+C va u=u(x)laham sb co dao ham lién tyc thi :

I f[u(x)]u’(x)dx=F[u(x)]+C.

Céc dang nguyén ham  tinh bang phwong phap d6i bién sb thuong gip :

Dang nguyén ham can tim

Ciach dit bién so

j f (sinx)cos xdx

t=sinxut=msinx+n

j f (cos x)sin xdx

t=cosxut=mcosx+n

Jf(ln x)idx

X

t=Inxut=mlnx+n

t=tanxut=mtanx+n

sin‘ x

t=cotxut=mcotx+n
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If(xk)xk’ldx t=x“Ut=mx*+m

jf(e*)e*dx t=e*Ut=me*+n

Cha y : Néu ham sé dudi dau nguyén ham c6 chta dau can (Q/_ ) thi thuong ta
dat: t=¢

6/ Tim nguyén ham bang phwong phdp tirng phin.
Pinh 1y :

judv:uv—jvdu

Céc dang nguy@n ham tinh bang phuong phap ting phan thudng gip :
DlUng 1 :

jp(x)q(x)dx
(trong d6 p(x) 1a hs da thic; q(x)1a ham s6 sina (x)hodc cosa(x)hodc e™)
Trong truong hop nay ta dat : u=p(x)
‘ © |dv=g(x)dx
Dang 2 :

jp(x)q(x)dx

(trong d6 p(x) la hs da thic; q(x)1a ham s6 logarit)Trong truong hop nay ta dat : {dvu__pq((xx))dx

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012 40



S¢é GD&DT Bén Tre

Bai tdp :

Bai 1 : Chimg minh rang ham s6 F (x)=e*(x* +1) 2 nguyén ham cua ham s f (x)=e"(x+1)

Bai 2 : Ching minh rdng ham s6 F (x) = xIn x—x+3 1a nguyén ham cua ham s6 f (x)=Inx.
Bai 3 : Tim nguyén ham ctia ham s6 f (x)=cosx(2-3tanx).

2
Bai 4 : Tim nguyén ham F (x) cua ham sé f () =1+fx thoa méan diéu kién F(-1)=3.

Bai 5 :Tim nguyén ham F(x) ctia ham s6 f (x)=cosx—3sinx thoa man diéu kién F(z)=0.

Bai 6 : Tinh:

cos? x —sin 2x

2 ? ) 1
Zldx;  [(3+2 dx; [e¥]3-= |dx; [— 22224
jX(XerJ X I( + smx)cosx X Ie ( exj X _[ p—— X

Bai 7 : Tinh;

jcosxsinS xdx ; I CC_JSXdX ; Ism >:dx; jess"‘*cosxdx;
3sinx+5 CoS” X
4 X 4
I\/Ztan2x+1dx; J(COt.X:l) ix: J~exdx ; dx ; J~In X dgx
COS“ X sin‘ X e"+3 xInx
3 2
'[de; I\/2x+ldx I xsdx ; j\/x2+1xdx; I xdx .
X 2x° +1 x2+3

Bai 8 : Tinh :

j2xcos Xdx ; j(x+3)e*dx ; j(4x +1)sin xdx; j3x2 In xdx ;

j(3x2 +2x)|n xdx ; Iln(x+l)dx; j(l+ex)xdx;

B. TICH PHAN

I1. Tich phan :

1/ Pinh nghia :

2/ Tinh chat :

Tinh chat 1 :
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jkf x)dx = kj
Tinh chét 2 : (k # 0).

Tinh chat 3 : i[f(x) X) Jdx = I dx+jg

b c
Tinh chat 4 : If(x)dx:jf(x)dx+jf X ) dx

Cha y : Mudn tinh tich phan bang dinh nghia ta phai bién d6i ham sé du6i dau tich phan thanh
téng hoac hiéu cua nhitng ham sé da biét hoac co thé tim duoc nguyén ham.

3/ Tinh tich phan bang phwong phdp déi bién sé.
Cong thirc tong quat :

i b
I f[u(x)]u’(x)dx :I f (t)dt
Cac dang tich phan tinh bang phuong phap ddi bién sb thuong gip :
Tuong tu nhu trong phan nguyén ham.

4/ Tinh tich phan bang phwong phdp tieng phén.
Cong thirc tong quat :

j.udv = (uv)‘: - .Tvdu

Cac dang tich phan tinh bang phuong phap timg phan thuong gip :
Tuong tu nhu trong phan nguyén ham.

Bai tap :
Bai 1 : Tinh céc tich phan sau :
0 0 1 2 (1 2
[ (cos 2x—3sin x)dx; j(ezx —ixj; [x(2-x) dx; j(l 2 4.
- -1 € 0 1 X
Bai 2 : Tinh céc tich phan sau
g 2 ‘ :
J‘ CC-)S xadx J‘msin wdx J‘ dx '[In xdx :
5 2sinx+1 z 1 X(Inx+1) T X
3
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h _ A9 ydx %e‘a”xdx_ [
.([\/3x+1dx, ! s ;[coszx , !
jl+|n2 X x
1

jl cos® x sin xdx ;
0

Bai 3 : Tinh cac tich phan sau day :

T

(4sin‘°’xcosx+1)dx; .2[( sin x —ZXde; j(x—\/4x+1)dx; j’[—m_ljdx
0 1

O [N

o \1+Ccos X X

Bai 4 : Tinh cac tich phan sau day :

2 e 1ay 3 3oy i
X+In° x
j(\/2x2+1—3x)xdx;J - dx; [ (4sin® xcos x+1)sin xdx jwdx
) X ) ) cos’x
Bai 5 : Tinh cac tich phan sau day :
j«/mxdx' i in xcos xdx . .‘i In xdx ism xcosxdx f x3dx
. ’ ) 1+cosX " (INx+3)x " J Bsinx+1 = 1§

Bai 6 : Tinh céc tich phan sau :

e 2 2
(4x+1)e*dx ;Jx3 In xdx ;J(Zx +1)In xdx J(sz —2x)|n xdx
1

1 1

V4 0
j2xsin XdX ; j (1-x)cos xdx ;
0 V4

O ey

Bai 7 : Tinh céc tich phén sau :
0 e V4

J(l—ex)xdx; J(1+Inx)dx; j(2+cosx)xdx;
0

-1 1

(sinx—2x)xdx;

O 33

jsmx+cosx Xdx ; j e —smx xdx
0 0

Bai 8 : Tinh céc tich phan sau :

- ) @

(1+xIn x)dx; j(xe* +3)dx; j(xcosx—z)dx;
0 0

O 33

(xsinx—cosx)dx.

Bai 9 : Tinh céc tich phan sau :

e e 1 %
J- |nX+1 J.X(XlnX-i‘Z)dX; jex(x+e£dex; jCOSX X tanX
1 1 0 °

(Zs,in4 x+1)cos xdx ;
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C. UNG DUNG CUA TICH PHAN

I11. Dién tich hinh phing:

Di¢n tich ciia hinh phang gidi han béi : (C,):y = 1(x);(C,):y=9(x);x=a;x=b (a<b)
(trong d6 hai dudng thang x =a; x =b o thé thiéu mot hoac ca hai)

1/ Cong thirc :

b

JIf(x)- g (x)]ax

a

2/ Cac budce thuce hién :
Buéc 1 : Giai phuong trinh hoanh d6 giao diém cua (C,)&(C,)dé tim cac nghiém thudc (a;b).

Gia str dugc cac nghiém la : x;,X,,...,X, va a<x <X, <---<X, <b.

Buwoc 2 : Ap dung cong thuc :

b X

S =.ﬂf(x)—g(x)‘dx :ﬁf (x)—g(x)‘dx+~-~+j‘f (x)—g(x)]dx

a a

X

JLF ()= (x)]dx

a

b

JLf(x)-g(x)]ax

Xn

ER

Chay:

Néu dé bai khong cho a va b thi nghiém nho nhat va nghiém I6n nhat cia phuong trinh
f (x)=g(x) twong tng la avab.

Néu dé bai d& cho du ca a va b thi khi gidi phuong trinh f (x)=g(x) ta chi nhan nhitng nghiém
thuoc (a;b) (néu c6). Nhitng nghiém khéng thudc doan [a;b] phai loai bo.

Néu dé bai cho 3 @5 thiham sé: y=f(x); y=g(x); y=h(x) can v& db thi va phan tich dién
tich hinh can tim thanh tong hoac hiéu caa cac hinh phang gigi han bai cac db thi da biét.

(chl'y c6 thé xem x 12 ham sb véi bién y dé tinh dién tich)
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IV. Thé tich cua khoi tron xoay.

1/ Cong thirc :
Cho hinh phang (H)gisi han bsi : (C):y=f(x);0x;x=a;x=b (a<b) (trong d6 hai duong

x = a & x =b co thé thiéu mét hoac ca hai). Quay hinh phang nay xung quanh truc Ox. Khi d6 thé tich
cua khéi tron xoay duogc sinhra la

b

V:nj[f(x)]zdx

a

2/ Cac budce thuce hién :
Bwéc 1 : Néu hai dudng x=a&x =bdé bai cho thiéu mot hoic ca hai thi giai phuong trinh
f (x) =0 (phuong trinh hoanh d¢ giao diém cua (C)va tryc Ox) dé tim.

Buwoc 2 : Ap dung cong thuc.

Chay :
Néu dé bai d cho dy du c4 a va b thi khdng can giai phuong trinh f (x)=0.

Néu d¢ bai khong cho a va b thi giai phuong trinh f (x)=0 dé tim. Phuong trinh ndy c6 thé c6
nhiéu hon hai nghiém. Trong trudng hop nay nghiém nho nhat 1a a, nghiém I6n nhét 1a b, cac
nghiém con lai khdng can chén vao trong qua trinh tinh tich phan.

Bai tap :
Bai 1. Tinh dién tich cua hinh phéng gidi han boi : (C) 1y =€%0x;0y;x=2.

Bai 2. Tinh dién tich ciia hinh phang gi6i han bai : (C):y=x*-3x+1&(d):y =2.
Bai 3. Tinh di¢n tich cua hinh phing gi6i han béi : (C):y=x*-x* &Ox.

Bai 4. Tinh dién tich cua hinh phang gii han bsi : (C):y=e*;(d):y =e;0y.

Bai 5. Tinh dién tich cua hinh phang giéi han boi : (C)ry=e"-L0Ox,x=2.

Bai 6. Cho dudng cong (C):y=x’-x. Tinh dién tich cua hinh phang gi¢i han bsi (C)va truc

hoanh.

Bai 7. Tinh dién tich cua hinh phang giéi han boi : (C)ry=e"—e™0xx=1.
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Bai 8. Tinh dién tich cua hinh phang gidi han boi : (C):y=Inx;0Ox;x=e.
Bai 9. Tinh dién tich ciia hinh phang gi6i han bai : (C):y=Inx;(d):y=Lx=1.
Bai 10. Tinh dién tich cta hinh phang gi¢i han bai : (C):y = X/X;0x; X =4

Bai 11. Cho hinh phang (H) gi¢i han béi cac duong sau : (C):y=1-¢e*;0x;x=1. Tinh thé tich cua
khéi tron xoay duoc tao thanh khi quay (H) quanh truc OX.

Bai 12. Cho hinh phang (H) gi¢i han boi cac duong sau : (C):y=e;0x;x=-10y. Tinh thé tich
cua khdi tron xoay dugc tao thanh khi quay (H) quanh truc Ox.

Bai 13. Cho hinh phang (H) gi¢i han bai cac duong sau : (C):y :1—§;Ox; x =2 . Tinh thé tich cua

khéi tron xoay duoc tao thanh khi quay (H) quanh truc Ox.

Bai 14. Cho hinh phang (H) gi¢i han boi cac duong sau : (C):y=e* —e™;0x;x =1. Tinh thé tich cua

khéi tron xoay duoc tao thanh khi quay (H) quanh truc Ox.

Bai 15. Cho hinh phang (H) gi¢i han bai cac duong sau : (C):y :L'Ox;Oy; x =1. Tinh thé tich

3x+4’
cua khéi tron xoay duoc tao thanh khi quay (H) quanh truc OX.
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CHUONG IV: SO PHUC
. TOM TAT KIEN THUC :

1. S6 phic.

>

% S6 phitc z = a + bi, trong d6 a, beR, a 1 phan thuc, b 1a phan ao, i 1a don vi 40, i* = —1.
a=¢C
b=d"

0

% S phirc bang nhau: a + bi = ¢ + di<

K/
'0

Modul cita s6 phirc: [z = fa +bi| = va® +b°.

% S phuc lién hop cua z =a + bi 1a z —a+bi—a—bi
2. Cong, trir va nhan so phic.

)

"@+bi)t(Cc+di)=@ £ c)+@®=*d)
" (@+bi)c+di)=(ac —hd)+ (@d +bc)i
3. Chia sb phic

 a-+hi  (@-+bi)c —di)
c+di ¢’ +d?

4. Phwong trinh bac hai véi hé sé thuc
% Can bac hai cua s thuca<0 Ia ii\/H .
% Xét phuong trinh bac hai ax® +bx + ¢ = 0va biét thac A =b* — 4ac

> A — 0thi phuong trinh ¢6 nghiém (kép) x — _%

» A > 0thi phuong trinh ¢6 2 nghiém thuc x , = _bin/Z
. N _ b +i, [l
» A < 0thi phuong trinh ¢6 2 nghi¢m phuc x, , = —

Il. CAC DANG TOAN PIEN HINH:

Dang 1: Tinh biéu thtc s6 phirc

Dang 2: Giai phuong trinh bac nhat véi hé s6 thuc
Dang 3: Giai phuong trinh bac hai v&i hé s6 thuc
Dang 4: Tim s phuc biét S, P

Dang 5: Tim tap hop diém thoa diéu kién cho trudgc.
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I11. BAI TAP AP DUNG:

Bai 1: Tinh :
a) 4-)+(2+3i))-(B+1) Ds : 1+1i
b) (1+i)°—(1-i)? Ps: 4i
c) 2+i)P-@3-i)? Ds : -16+37i
d) (2-3i) (6 + 4i) Ds : 24-10i
e) 3 - bs : E—ﬁi
1+ 2 5 5
f) ﬂ Ds:i
1—i
9) 3+ Ps:-2+i
@-20@+1
\2 \2
(L+2i) — (1 —1i) ps: 2.9,
(3+2i)2 —(@2+i) 34 17
2 2
h) (1+\/§i) +(1—\/§i) Ps: - 4
1+i i S22 2
Bai 2: Tim phan thuc, phan 4o va tinh médun cta sé phic z.
a) z=2+3i+(1-2i)>. Ds: phan thyc: -1 ;phdnao: -1 ; modun: v2
b) z=2+3i+(4-2i)(1-3i) Ps: phanthyc: 0 ;phanao:-11 ; mddun: 11
c) z=1+2i +ﬁ Ps: phan thyc: 11/10 ; phan ao: 23/10 ; modun: @
+
Bai 3: Giai cac phuong trinh sau trén tap hop sé phuc:
a) 2-|__Iz:_1-i__3I Ds:gﬁ—ii
1-i 2+1 25 25
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b) (5 7i) ++/3z = (25 ) (1 + 3i)
¢) 5—2iz = (3+4i)(1-3i)

d) 3+ 4i)z = (1 +2i)(4 +i)

e) (L+i)z+(2—i)(1+3i) =2+3i

f) 2iz+(4-3i)=5-6i

g) (4+i)z—(3+3i)=(4-2i)z
Bai 4: Giai cac phuong trinh sau trén tap hop sé phuc:

al z2°-22+5=0

b/ 32°-z+4+2=0
c) 223z 4+1=0

d) x*-3x+5=0
e) 22-8=0
f) x*+1=0
e) 2 -22°-8=0
f) 24 +222 -3=0

g) x*+6x*-16=0

Ps :

Ds:§+5i
2

Ps :

Ps:1-i

Ps 1420

1023

6

Ps

Ds:@i—

.Sii\/ﬁ

2

N |-

Ps

Ps: 2—1+i3

1+iV3

2

Pbs: -1,
Bs: iZ;ii\ﬁ
Ps: +1+i+3

Bs: i\/a; iZ\Ei
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Bai 5: Tim s phuc z, biét [z| = 24/5 va phan 40 cia z bing hai 1an phan thuc caa né.

DPs:z=2+4i;z=-2-4i

Bai 6: Tim hai s6 phuc, biét:

a)Tong cua ching bang 3 va tich cua ching bang 4 Ds:z, = 3 +2|\/;,Zz =
b) Tong cua ching bang 6 va tich cua ching bang 16 Ds:z, =3+iV7,z, =3~ i7
Bai 7: Tim hai s thyc X, y biét:
o . 3 4
a) Bx-2)+(2y+1)i=(xx+1)-(y-5)i Ds: x :§;y:§
b) (2x+y) + 2y = X)i=(x -2y + 3) + (y +2x + 1)i bs:x=0y=1
C) X(1+2i)+y2-1)=2x+y+2yi +ix Dbs: x=0y=0

Bai 8: Trong mp phic , hdy tim tap hop diém biéu dién cac s6 phic thoa man hé thac sau:
a) ‘z + i‘ =2. Ps : Tap hop cac diém thoa dk 1a duong tron tam O(0;1) va bk r = 2
b) [z +i|=|z +2 . Bs Tap hop céc diém thoa dk 1a duong thang 2y- 4x-3 = 0

¢) Phan thyc cta z bang 2. Ps: Tap hop cac diém thoa dk 1a duong thang x -2 =0

37

2
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PHAN HINH HQC

CHUONGI: KHOI DA DIEN

I. LI THUYET CO BAN:

1. Khéi lap phuong:

, voi a la canh cua hinh lap phuong.

Chu y: Buong chéo hinh 1ap phuong canh a c6 d6 dai bang aV/3.
2. Khéi hop chir nhat:

[V = abc], vi a,b,c 1a ba kich thudce hinh hop chir nhat,

ChU y: Pudng chéo hinh hop chix nhat canh a,b,c ¢6 do dai bing d =+/a2 +b? +¢? .

3. Khoi ling tru:

V = B.h], v6i B la dién tich day va h 1 chidu cao ciia ling try.

Sxq= Tong dién tich cac mat bén. : Stp= Sxq+ 2 Sasy

4. Khéi chop:

V = 3 B.h|, véi B la dién tich day va h la chiéu cao cua hinh chép.

Sxq= Tong dién tich cac mat bén. ; Stp= Sxq* Suay
5.CHU Y:
5.1) Ti s6 thé tich khédi chop tam giac:

Cho hinh chép S.ABC.Goi A’, B’, C’ lan luot 14 cac diém trén cac canh SA, SB,SC va khac véi S .

Vowsc _ SA' SB' SC’

Khi do: iy
Ve e SA SBSC

5.2) Nhan biét chiéu cao mét sé khéi da dién thwong gip:
a) Khéi ling try ding hoic khéi lang tru déu : chiéu cao bing canh bén
b) Chiéu cao h caa khdi chép la khoang céch tir dinh dén mit day.

+ Khéi chép déu: > h 1a doan thang ndi dinh véi thm mat day.
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+ Khoi chép c6 mét canh bén vubng géc mat day—> h la canh bén d6.

+ Khéi chép c6 mot mit bén vudng goc mat day =>h 1a chiéu cao cua mat bén d6 ( chiéu cao ké tir
dinh khéi chop)
+ Khéi chdp c6 hai mat bén ké nhau cuing vudng géc mat day =h 1a canh bén chung cua hai mat do

6. BO SUNG CAC KIEN THUC

6.1) Piéu kién dé dwong thang d vudng goc véi mp(a.)
6.2) Piéu kién dé hai mat phing vudng goc

6.3) Goc @ giira dwong thing d va mp(a.)

6.4) Goc gitra 2 mit phang(o) va(f)

6.5) Cac cong thirc tinh dién tich tam giac thwong sir dung

1l. BAl TAP AP DUNG:

KHOI CHOP

Bai 1: Cho khéi chép tam giac déu S.ABC c6 canh day bang a, goc giira canh bén va mat day bang 30°.

a3

Tinh thé tich khéi chop S.ABC. pS: V= %

Bai 2: Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng canh a, mit bén SAB 1a tam giac déu nam trong
mit phang vudng goc voi mit phing day.

a*\/3

6

Tinh thé tich ciia khéi chop S.ABCD. pS: V=

Bai 3: Cho khéi chop S.ABC c¢6 ddy ABC la tam gidc vudng tai B, SA L (ABC), SA=2a, ACB =30’
khoang cach tir A dén mit phang (SBC) béng a. Tinh thé tich khéi chép S.ABC.

43°

33

Bai 4: Cho khdi chép S.ABCD cé ddy ABCD la hinh vudng canh a, SA L (ABCD), goc gita SC véi mt

HD: Vs agc= Vasgc= AB = % SB bS: V=

phang day bang 45°.
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a)Tinh thé tich cua khdi chop S.ABCD. pS: V=

a®\2
8

b) Goi M, N lan luot 1a trung diém SC, SD. Tinh thé tich khdi chép S.ABMN. BS: V =

\ . , . a ) R
Bai 5: Mot hinh chop tir giac déu S.ABCD c6 canh day bang a va thé tich bang . Tinh @0 dai canh bén

a5

caa hinh chép. bS: SA= T
\ = A N 7 I .y A 7 = A M 3a \ R a7 M 3 z r o
Bai 6: Mot hinh chop tir giac déu S.ABCD c0 chicu cao bang ? va thé tich bang a°. Tinh canh day cua

hinh chép. pS: AB= a2

Bai 7: Cho hinh chép tam gi4c déu S.ABC c6 thé tich bang 3a/8, cc mat bén tao véi day (ABC) mot goc
60°. Tinh d6 dai canh déy AB. PS: AB= a3

BAI 8:Khéi chop S.ABCD c6 déy I hinh chit nhat ABCD, SA L (ABCD) ,SA = a,BC = a+/2 , géc tao boi
canh bén SC va mit phing day bang 30° .

1)Chirng minh cac miat bén khbi chop S.ABCD la c4c tam giac vudng.

aV2
3

2)Tinh thé tich khdi chép S.ABCD theo a. psS: V=

BAI 9:Cho khéi chop S.ABC c6 day 1a tam gidc vudng tai B, canh bén SA L (ABC), AB=a,
BC =a+/3, SA=3a. Goi | la trung didm SC.

1)Tinh thé tich khéi chop S.ABC theo a. ps:

N |-

_ 3a+/10
10

2)Tinh d6 dai doan thing BI theo a. bsS: d
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KHOI LANG TRU

Bai 1: Hinh lang try ding ABC.A’B’C’ c6 day ABC la mét tam gidc vudng tai A/AC = a C =60°.

Puong chéo BC’ ciia mit bén BB’C’C tao véi mp(AA’C’C) mét goc 30°.
a) Tinh d6 dai doan AC’. bS: AC’ = 3a
b) Tinh thé tich cta khéi lang tru. pPS: V= a6
Bai 2: Cho khéi ling try tam giac déu ABC.A’B’C’ ¢ canh bén bang 2a va canh day bang a.

a3
2

a) Tinh thé tich khoi lang try ABC.A’B’C’ . pS: V=

b) Goi M,N lan lugt 1a trung diém cua hai canh BB’ va CC’.Tinh thé tich khbi chp A.MNCB.

3
ps:  v=2Y3
6
Bai 3:Cho hinh ling tru ding tam gidc ABC.A'B C’ ¢c6 tit ca cac canh déu bang a
3
. . 3
a) Tinh thé tich cia khéi lang tru pS: V= aj—
3
b) Tinh thé tich khéi ttr dién ABB'C pS: V= alf

Bai 4:Cho ling tru tam giac ABC.AB'C c6 day ABC la mot tam giac déu canh a va diém A’ céch
déu cac diém A, B, C. Canh bén AA’ tao v6i mp day mot goc 60°. Tinh thé tich cua khdi lang tru.

a3

4

bS: V=

Bai 5:Mat khéi lang tru ABC.A’B’C’ ¢6 day 1a tam giac déu canh a, canh bén BB’ = a, chan duong

vudng goc ha tir B’ xudng day ABC trung véi trung diém | cia canh AC.

a) Tinh goc gitra canh bén va mat day. psS: ¢ = 30°
3
b) Tinh thé tich cua khéi lang tru. ps: v= 2 E\B/g

¢) Ching minh mat bén AA’C’C la hinh chir nhat.
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CHUONG II : KHOI TRON XOAY

I. Li THUYET CO BAN:

1. Khéi nén:

S,q =7rl , VOir 1a ban kinh day va | 1a o dai duong sinh.

— & —_ 2
‘ Stp = qu + Sda’y‘ , VOI Sdéy =xr

V = %nrzh . V6i h 1a chiéu cao.
2. Khoi tru:
qu =27rrl , V&1 r 1a ban kinh day va | 1a 6 dai duong sinh.
Stp = Suq +2Su] VG Sgay = 7t
V =zr’h . V6i h 1a chiéu cao.
> chay: h=1.

3. Khéi cau:

, V6i 1 12 ban kinh.

, Vai r la ban kinh.

4. Nhan biét hinh dang mét so thiét dién thwong gap:
+ Thiét dién cua hinh nén tao bai mat phang chira truc 1a tam giéc can.
+ Thiét dién cua hinh tru tao bai mat phang song song hoac chira truc 14 hinh chit nhat.
+ Thiét dién cua hinh nén hoic hinh tru tao boi mit phang vuéng goc véi truc 13 hinh tron .
+Thiét dién caa hinh cau S(I;r) tao béi mat phang (P) 1 hinh tron (C) ¢6 :

* tam H 1a hinh chiéu vuéng gdc caa | 1én (P)
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* ban kinh 1a r'=+/r?-h? , (\vai h 1a khoang céch tir I dén mp(P) )

4. Céac dang bai tap co ban:
+Tinh dién tich xung quanh, dién tich toan phan, thé tich caa khdi non, khéi tru, khéi cau.
+ Xac dinh va tinh dién tich thiét dién
+ Xac dinh tdm va tinh ban kinh ngoai tiép khdi chop (Mot sé trwong hep don gian)

1. BAl TAP AP DUNG:

MAT NON
Bai 1: Mot hinh nén ¢ thiét dién qua truc 1a mot tam giac déu canh 2a.
a)Tinh dién tich xung quanh va dién tich toan phan cuaa hinh nén
b)Tinh thé tich cua khdi non

na’~/3

bs: a) Sy =2ma* ; S, = 3na’ , b) V= 3

Bai 2: Mot hinh nén c6 dudng sinh bang a va thiét dién qua truc 1a tam giac vuong.
a)Tinh dién tich xung quanh va dién tich toan phan cuaa hinh nén
b)Tinh thé tich cua khdi non

2 3
PS:  a) Sg= & .Sy = mat(VW2Z+1) . b V=2

2 12

Bai 3:Mat hinh nén c6 dudng cao bang a,thiét dién qua truc ¢ goc & dinh bang 120°.
a)Tinh dién tich xung quanh va dién tich toan phan cuaa hinh nén

b)Tinh thé tich cua khdi non
ps: a) Sy =2ma’~/3 . Sy = 7a?(2/3 +3) b)) V= na’

Bai 4: Cho hinh non dinh S ¢6 chiéu cao bang a. Thiét dién qua dinh cua hinh nén hop véi day mot
g6c 30° ¢ dién tich bang 4a2. Tinh dién tich xung quanh va thé tich cua khdi non do.

_ Tna’

bS: S§,.= na’\/56 , \Y 3

Bai 5: Cat hinh nén dinh S bai mat phang di qua truc ta dugc mot tam giac vudng can c6 canh huyén
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bing a2

a)Tinh dién tich xung quanh va dién tich toan phan cuaa hinh nén

b)Tinh thé tich cua khdi non
¢)Cho day cung BC cua dudng tron day hinh nén sao cho mat phang (SBC) tao v4i mat phang
chira day hinh nén mot goc 60°. Tinh dién tich tam giac SBC

HD: a) Thiét dién qua truc 1a tam giac SAB vudng can tai Snén A = B = 45°

na’\2 (2 +Dna’
qu = ; Stp =
2 2
)V = naﬁi . ¢) Seac = azx/E
1 2 y SBC 3
MAT TRU

Bai 1: Mot hinh tru ¢6 ban kinh day bang R va thiét dién qua truc 12 mot hinh vuéng.
a)Tinh dién tich xung quanh va dién tich toan phan cua hinh try

b)Tinh thé tich caa khéi tru

DS: a) Sy = 4nr ., Sp=5nR* ; b) V = 2nR®

Bai 2: Cho mét hinh tru c¢6 hai day 1a hai duong tron tdm O va O, ban kinh R, chiéu cao hinh try 1a

R/2.

a)Tinh dién tich xung quanh va dién tich toan phan caa hinh tru
b)Tinh thé tich cua khéi tru
PS:a) Syq =232 tR? ; Sp=2(N2+)mR® ; b) V= aR2
Bai 3: Mot hinh try c6 ban kinh day r = 5cm va khoang cach giira hai ddy bang 7cm.
a)Tinh dién tich xung quanh va dién tich toan phan cua hinh try

b)Tinh thé tich caa khéi tru
¢)Cat khéi tru bai mot mat phang song song véi truc va cach tru 3cm. Hay tinh dién tich cua thiét
dién duogc tao nén

PS: a) S,q=270m(cm’) ; Sy =1207(cm’)
57
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b) V. =175n(cm’) ; c¢) S, = 56 (cm?) (thiét dién Ia hinh chit nhat)

Bai 4: Mot hinh tru c6 ban kinh r va chidu cao h = r+/3
a)Tinh dién tich xung quanh va dién tich toan phan cua hinh try
b)Tinh thé tich cua khdi tru tao nén bai hinh tru da cho

¢)Cho hai diém A va B lan lugt nam trén hai duong tron day sao cho goc giita duong thang AB
va truc caa hinh tru bang 30°. Tinh khoang céch giira duong thing AB va truc cua hinh tru

PS: a) Sq= 231 ;  Sp=2(B+)=ar’ ; bV =ar3

c) KéOH LAB = OH la khoang cach giita duong thang AB va truc

rv/3

OO cua hinhtry > OH = —

MAT CAU

Bai 1: Cho hinh chép S. ABCD c6 d¢ay ABCD 1a hinh vudng canh bang a. SA = 2a va vudng goc V4i
mp(ABCD).

a) Xac dinh tdm va tinh ban kinh mat cau di qua 5 diém A, B, C, D, S
b) Tinh dién tich ctia mat cau va thé tich khdi cau tuong tng.
HD: a) Goi O 1a trung diém SC

Chtrng minh: OA=0B=0C=0D=0S= %9 mit cau S(O; %);r:% :ﬁ

2
b) S= 47:(%] =6na’> ; V=na'/6

Bai_2: Cho hinh chop S.ABC c6 diy ABC la tam giac vuong tai B,SAL(ABC),
SA=AB=3a,BC=4a. Xac dinh tam va ban kinh caa mat ciu ngoai tiép hinh chép S.ABC.

bS: r= a\/2374

Bai 3: Cho hinh chop S.ABCD c6 day ABCD la hinh chir nhat, SA L (ABCD), SA=AB=a,BC = 2a.

Xéc dinh tam va ban kinh mat cau ngoai tiép hinh chép S.ABCD.

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012 58



S¢é GD&DT Bén Tre

bS: r=ﬂ

V2
Bai 4: Cho tt dién ABCD c¢6 DA _L(ABC) , DA =5a, AABC vubng tai B va AB =3a, BC= 4a.
a) Chung minh 4 diém A, B, C, D ciing nam trén mot mat cau.Xac dinh tdm va ban kinh
mat cau do.

b) Tinh dién tich mat cau va thé tich cua khdi cau néu trén.

, _ 1
HD:a) Goi O la trung diém cia CD->Chtng minh:OA = OB = OC = 0D :ECD

D _15a/2

> A, B, C, D thudc mit cau S(O; C_2D) - Bankinhr= % >

_ 125\/2na°

b) S=50ra’ ; \Y; 3
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CHUONG III: PHUONG PHAP TQA PO TRONG KHONG GIAN

|. HE TOA PO TRONG KHONG GIAN :
1. Toa dg 1 diém , toa d§ 1 vecto:
A. Tom tat ly thuyét :
a) 0 =XYy2)e0=xi +yj +2K
2 L2 L2 fh A on
i =] =K —=1ij—jk=Kki=0
i =(1;0,0), ] = (©10), K = (0;0;1)
M(X:y:z) < OM = xi +yj + 2K
b) Cho a = (a,.a,.a,), b = (b,,b,.b,)

athb=(a b,a,+b,a,=b,)

ka = (ka, ka,,ka, )

a, =bh
a=b«qa, =h
aS:b3
Sy - a a a
a/hsa=kbe Lt=-—2=-2
b, b, b

C) Cho A(Xa; Ya: Za), B(Xg; V&; Zg)

e

(X —Yarlg — A)

AB = \/(xB X+ W —Ya) + (g —2,)

X % Yat+¥s 2ot 2

+ Toa d6 M 1a trung diém doan thang AB: M (=2 5 5 B)

X XC-yA+yB +yC-zA+ZB+ZC

+ Toa do6 G la trong tm tam giac ABC: G(XA * 3 3 ; 3 )
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d) ab=ab +a,b, +a,b,

_ a2 2 2
=44, +a, +a;

alb<ab=0«ab +ab +ah, =

—

a

cos(;;g) = fbﬁ
al-p|
-1 |, al@, alla a
e) |ab| = 2 3 , 3 1 , 1 2
)[ } b, b,['lb, b,|b, bz]
2..Dien tich tam giac: lrag Ac
d Spasc =3 4B AC]
3.Nieu kien 3 vectd fiong phang: a,b,c fiong phangg[ai—}gzo
4. ABCD twdién —[AB AC |.AD .The tich t6 dien: _1lrag Ac1AD
it dién [ AB,AC | AD #0 VABCD ‘6‘[ B,AC|. D‘
5. The tich khoi hép VABCD.A'B'C'D':‘[—B’m]A—AI‘
B . Bai tap
Bai 1.
Viét toa do cuia cac vecto say day: a- —ZT+T+3R; b=7i-8K; c=-9K;

Bai 2.
- - -
Chobavecto a=(2;-1;0),b=(-1;-2;2), C=(-2;1;0).

- - - - -

- -
a. Timtoaddcuavecto: v=-2a+3b-5c vau =3a-2c

b. Chungto a L bva b L c
bS: a. (3;-9;6) va (10;-5;0) b.
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Bai 3. Cho 2 vecto a = (1; 2; 3) Tim toa d6 cua vecto ;, biét rang:

a) g+;:6 b) §+;:4§
bS: a. (-1;-2;-3) b. (3;6;9)

Bai 4. Trong hé Oxyz cho 3 diém A(-1;-2;3) ,B(0;3;1) , C(4;2;2)

a. Tinh tich v6 huéng AB.AC

b. Tinh cdsin ctia géc BAC

HD:a.27 b. COSBAC=_2_

24/35
Bai 5.
Cho hinh hgp ABCD.AB'C'D', A(Z; 0; 1), B(2; 1; 2), D(1; -1; 1), C'(4; 5; -5).
Tim toa do cac dinh con lai.
bS: C(2;0;2) , B’(4;6;-5) , A’'(3;5;-6) , D’(3;4;-6)
Bai 6.
Cho bén diém A(0;11), B(-10;2), C(-110); D(2;1;,-2)
a. CMR: ABCD latkdién.
b. Tinh chu vi gidc ABC
c. Tinh dién tich tam gidc ABC va d¢ dai duong cao cua tam gidc ABC ké tor A
d. Tim toa d6 diém D dé ta gidc ABCD Ia hinh binh hanh.

e. Tinh goc CBD
f. Tinh thé tich t&r dién ABCD va d6 dai dudng cao cua tir dién ké tir D
HD :

a. b.ov=v2+/3+5 c.S=§,AH—ZS =@ e. COsCBD=Lf.V=% DK =

5
"BC 5 V130 J6

II PHUONG TRINH MAT CAU
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A. Tom tat ly thuyet :

a) Mt cau (S) thm 1 (a;b;c), ban kinh R c6 phuong trinh:
2 2 2
(S):(x—a) +(y—bJ" +(z—c) — R2
b) Dang thir hai: (S) : x?+y?+z?—2ax—2by—2cz+d =0 (2)

V6i didu kien a®+b?+c®—d>0,la phuong trinh mat ciu tdm 1(a;b;c), ban kinh
g

R=va?+b2+c’—d .

B. Bai tap : Lap phwong trinh mit cAu can xac dinh tdm va ban kinh mit cau dé

2

Dang: (S): (X—a)z—l—(y—b)z-l—(z —c) — R2

Bai 1. Viét phuong trinh mat cau tam A(L2;-3) va di qua diém M (0;2;2).
HD: .Mat ciu di qua diém M (0;2;2) nén c6 ban kinh R = MA = /26
Phuong trinh mat cau tam: (x—l)2 +(y —2)2 +(z +3)2 =26
Bai 2 Viét phuong trinh mit cau duong kinh AB biét A(L,-2;-1) va B(3;0;-3).
HD: . Mit cau duong kinh AB c6 tam la trung diém | cua doan AB.Toa d tam 1(2;-1-2)
. Ban kinh mit ciu R=1A=+/3
. Phuong trinh mt cau can tim: (x— 2)2 +(y +1)2 +(z+ 2)2 =3
Dang : e Dang (S): x*+y?+z°—2ax—2by—2cz+d =0 (2) (a®+b®>+c®-d>0)
Bai 3 Lap ph6é6ng trinh mat cau qua 4 filem khong fiong phang: A(6; 0; 0), B(0; —2; 0),
C(0; 0; 3), O(0; 0; 0).

PS: eDang (S): x?+y?+2%—2ax—2by—2cz+d =0 (2) (a®+b*+c?-d>0)
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Thay toa do O,A,B,C vao giai hé ta dugc d=0, a=3, b=1, c=3/2
Bai 4 Lap phodng trinh mat cau qua 3 filem A(0; 8; 0), B(4; 6; 2), C(0; 12; 4)
va c6 thm nam trong mp(Oyz)
lii : MAT PHANG

A. Tom tat ly thuyét :

a) Vecto phap tuyén ciia mit phang: vecto fi = 0 goi 1a vecto phap tuyén cia mat phang

(«) néu giad cua fi vudng goc véi mat phang ()

b) Phwong trinh tong quat ciia mit phang: Ax +By +Cz +D =0 (A’ +B? +C? > 0)

¢) Mp () di qua diém M, (X,;Y,;Z,) va ¢6 vecto phap tuyén n = (A; B;C)

= (0):A(x =X, |+ By —y,)+C (2 —2,) =0

d) Phwong trinh mit phang theo doan chan: Mat phang di qua cac diém: M(a;0;0),

N (0:b;0) va P(0;0;c) c6 phuong trinh dang: = + % +ioa
a C

e) Vi tri twong ddi caa hai mit phang:
Cho (a):Ax+By+Cz+D=0va
(’):A’x+B'y+Cz+D=0

0 (a)cit(8)= A:B:C=A":B":C'

A B C D
o) ar-B_C_ D
(o) (a)@A' B' C' D
A B C D
O _—— —= —
(o) (a)@A' B'" C' D'

f) Piéu kién vudng goc giira 2 mp: (o) L (3) < AA'+BB'+CC' =0

g) Khoang cach tir diém M ((x,.y,,Z,) dén mit phing (a): Ax + By +Cz +D =0

Ax, +By, +Cz, +D
o) - B

B. Bai tap :

DS:: (S):x*+y*+2°-14y-10z+48=0
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Viét phwong trinh mat phang can tim 1 diem thugc mp va 1 vecto phép tuyen cia mp do

Bai 1 Trong khdng gian vai hé toa d6 Oxyz, cho tam giac ABC vai A(1;4;-1), B(2;4;3), C(2;2;-
1). Viét phuong trinh mat phang di qua A va vudng goc véi duong thang BC.

bS: y+2z-2=0

Bai 2 Trong khong gian voi hé toa d6 Oxyz, cho hai diém A(1;-2; 3), B(-5;0;1), Viét phuong
trinh mat phang trung truc cia doan AB

bS : 3x-y+z+3 =0
Bai 3 Viét phuong trinh mat phang di qua M(2;3;-1) va song song véi mp(P):x-5y+z = 0
bS : x-5y+z+14 =0

Truong hop n=[a,b] trong dé a va b la hai vecto khong cung phwong c6 gia song song hoic
nam trén mit phang

Bai 4 ; Trong kg Oxyz, cho A ( 0;1;1), B(1;-2;0) , C(1;0;2) . Viét phuong trinh mp(ABC)
bS : 2x+ty-z=0

Bai 5 :Trong kg Oxyz, cho A(-1;1;2), B(0;—1;3) va mp(o): 3x—2y+z+4=0. Viét pt mp(B) qua
A, B va vudng géc véi mp(a).

bS: y+2z-5=0
Bai 6 :Trong Oxyz, cho A(2;3:0). Viét pt mp(a) qua A, song song Oy va vudng goc véi
mp(B): 3x—y+4z+6=0
bS: 4x-3z-8=0

Bai 7 :Trong Oxyz, cho A(1; -1;-2), B(3; 1; 1) va (o): X — 2y + 3z -5 = 0. Viét pt mat phang (B)
qua A, Bva (B) L(a).

bS: 4x-y-2z-9=0

Bai 8 : Viét phuong trinh mp(P) tiép xuc voi mat ca (S): (S):x2+y?+22—6x—2y+4z+5=0
tai A(4;3,0 )

DS: x+2y+2z-10=0 ; x+2y+2z+8=0

Bai 9 : Viét phuong trinh mit cu (S) co tam 1 (0;2,—2) va tiép xtic véi mit phang

(a):2x+y—22+3:0
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pS: x2+(y-2)" +(z+2)" =3

Bai 10 : Trong Oxyz, viét pt mp(P) song song véi mat phang 4x+3y-12z+1=0 va tiép xuc Voi
mit cau c6 phuong trinh : X*+y*+z°-2x-4y-62-2=0

HD : Mp(P): 4x+3y-12z+D=0 . Khoang cé4ch tir tim I dén mp(P)= R ta dugc D =78 hoic D - -26
V : DUONG THANG :
A. Tom tat ly thuyét :
1.. Phwong trinh dwong thang:

a) Phuong trinh tham sé cua duong thang

Trong (Oxyz) cho (d) diqua M (X,,y,.Z,) va cé vecto chi phuong: u= (a;b;c)

X =X, +at
Khi do: d:jy =y, +bt (teR)
z=1z_+ct
b) Phuong trinh chinh tic caa duong thang X=% Y _byO _I7%
a c

2.. Vi tri twong déi ciia hai dwong thang trong khong gian
Trong Oxyz cho (d) qua M va c6 VTCP uva (d’) qua M’ va c6 VTCP u’

o] dtrungd’@[a,q [J MM }:6

uu'|=0
o d//d < ﬁ_, .
u =0
JJ 6
o dvad’ citnhau < ﬁ_,
UU =
o dvad’ chéonhau < [ MM =0
X=X, +ta x=x0+ta;

Hoac: Chod:qy=y,+ta, va d':qy=y +ta)
z=17,+ta, z=17,+1'a;
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— ka'
d/d el |
M(X,:¥iZ, ) 2 d
-
) d=d oo o |
M(X,:¥iZ, ) € d

v/ [
X, +ta, =X +ta
c)dcat d' <>y, +ta, =y, +t'a, c6 ding 1 ng

_ ot N
z,+ta, =z, +t'a]

X, +ta, =x; +ta
d) dchéo d' <>y, +ta, =y, +t'a, vO nghiém va a=kb

— rn!
z, +ta, =z, +t'a
3 Khoang céch :

1. Khoang cach td 1 idiem fien 1 mat phang: Khoang cach t6 fiem Mgy(Xo; Yo; Zo) fien

MP (a): Ax+By+Cz+D=0 la:

=‘AXO+ByO+CZO+D
VA2 48242

d(Mg ()

2.Khoang cach té fiiem M, fien fivdng thang (A) fi qua fiiem Mgva co VTCP phoodng u la:

[Mghi ]
g

3. Khoéng cach giira hai dwong thing chéo nhau:

(A,) fii qua M, vaico VTCP  va (A,) fii qua M, val co vectd chz phodng v. Khoang cach gida

(Ay) va (Ay) la:

d(My,4)=

d(A.A,) =

[5]

4. Géc :

1.Goc gida 2 édng thang: Cho (A;) co VTCP y=(ay; by; c;) va (A,) co VTCP
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v=(ay; by; Cy). Goi o la goc giva (A;) va (Ay).

Taco:

_ 22, +hb, +cycy)

_)
[.] v | \/a12+b12+c12\/a§+b22+c§

Nac biet: (A )J_(A )<:>a a +b1b2+c1c2—0

2.Goc gida fi6ding thang va mat phang: Cho fidding thang (A) co VTCP u=(a; b; ¢) va () co
VTPT n=(A; B; C). Neu y la goc gida (A) va (o) thi:

- >
n.u

|Aa+Bb+C| (0° <y <90

siny =—
L] JA2:B24C2Na2 10242

3.Goc gidia 2 mat thang: Cho mp(ou) co VTPT ni=(As; By; C1) va mp(ay) co VTPT n,=(Ay;

[ B GAL AL
I n, | \/Al Bl+c12\/A2+522+c§

B,; C,). Neu B la goc gida (o) va (a) thi:

cosfp=

B. Bai tap :
Viét phuwong trinh dwdng thang can 1 diém thude dwong thang va 1 vecto chi phwong cia nd
Bai 1: Viét phuong trinh duong thing A di qua 2 diém A(1,2,-3), B (0;1;,-2)

Bai 2:  Viét phuong trinh duong thing A di qua diém A(L—2,5)va A vudng goc véi mit phang
(a):2x+3y —6z +1=0

Bai 3:  Viét phuong trinh duong thang A di qua diém A(l;—2;5) va A song song vi duong

théngd:x__l:mzi
5 -2 1

Bai 4 : Trong khéng gian Oxyz, cho hai diém M(1;0;2)va dudng thiang

Xx=1+2t
(d):qy=-3+t.
7=6-t

1. Viét phuong trinh mp(P) di qua diém M va vudng goc voi dudng thang (d).
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2. Tim toa @d H hinh chiéu vuéng goc cua M [én (d)

DS: 1. (P): 2x+y-z=0 2.t=-7/4 H(-10/4;-11/4: 31/4)

Bai 5 :Trong khong gian vai hé toa do Oxyz, cho diém A(3; -2;-2) va mat phang (P) ¢6 phuong
trinh 2x-2y+z-1=0.

1) Viét phuong trinh cta dudng thang di qua diém A va vudng goc voi mat phang (P).

2) . Tim toa do H hinh chiéu vuéng goc caa A Ién ( P)

X=3+2t
bS: 1. (d): y=-2-2t 2.t=-7/10 H (8/5;-3/5;-27/10)
Z=-2+t

Xx-1 y+2 z-2

Bai 6 Lap pt mp qua diém A, va dt A, biét A(4;-2;3), A: 3 " >

DS: (P): 4x+3y-12z+26=0

X=t
Bai7Chod:{y=-11+2t d": X=5_ y12 = 2;3. CMr: d cat d’.Viét ptmp chta d va d’.
z=16-t
[Gﬂ —(13-8,-3)=0 ,
bS:CM: {1, 1 hoac giai hé c6 nghiém duy nhat. (P): 13x-8y-3z-40=0
[u,u'}.MoMo'zo
X=5+2t X =3+2t"
Bai 8Cho d:{y=1-t va d':{y=-3—t'. CMr: d//d’. Viét ptmp cha d va d’.
z=5-t z=1-t'
= i
bS:CM {1, 1 | o hoacecm a)d// d < . (P)y-z+4=0
[u,MM '}:(0;—5;5)::0 M(xo;yo;zo)eéd
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x=t x=1+t'
Bai9Cho d:qy=1+2t va d':{y=-2+t".
Z=6+3t z=3-t'

a. CMr: d va d’ chéo nhau.

b. Lap pt mp qua O va song song véi d va d’.

- —

bS: a. [u,u '}.MM '=-14=0 b. (P): -5x+4y-z =0

X =12+4t
Bai 10 : Cho duong thang d: Jy=9+3t  vamp(P): 3x+5y—z—-2=0.
z=1+t

a. Tim toa do giao diém cua d va (P)
b. Viét ptmp (P”) qua M(1; 2; -1) va vudng gdc véi d. Tinh khoang cach tir M dén d.

c. Tinh goc gita d va (P).

PS: a. =3, 1(0:0;-2) b. (P): 4x+3y+2-9=0 ,d(M.d) = —V;’éo ¢. sing =—V§;°
Bai 11 : Cho mit phang («): 6x+3y+22-6=0
a. Tim toa do hinh chiéu cua diém A(1,1,2) 1én mat phang («)
b. Tim toa d6 diém d6i xng A’ cua A qua («)
X =1+6t
DbS: a. Pt 4t qua A vuong goc (a)la <y=1+3t giai hé ...t=-1/7 , H(L/7;4/7;12I7)
z2=2+2t

c. Hla trung diem doan AA” suy ra A’(-5/7 ; 1/7 ; 10/7)
Cac de thi tot nghiép

Bai 1 : ( TN 2009 nang cao)Trong khong gian Oxyz cho diém

X+l y-2 z+3
1 -1

A(1; -2; 3) va duodng thang d:

1.Viét phuong trinh mat phang qua A va vudng goc véi d

2.Tinh khoang cach tir A dén dudng thang d. Viét phuong trinh mat cau tam A, tiép xdc véi d.

PS: 1. (P): 2x+y-z+3=0 2. d(Ad)= 5v2 , (S): (x-1)%+(y+2)" +(z-3)° =50

Tai ligu én thi tot ngiép THPT mén Todn nim hoc 2011-2012



S¢é GD&DT Bén Tre

Bai 2 (Pé TN 2008, Lan 1, Ban KHTN):

Trong khdng gian véi hé toa do Oxyz, cho diém A(3; -2;-2) va mit phang (P) c6 phuong trinh 2x-
2y+z-1=0.

1) Viét phuong trinh cta dudng thang di qua diém A va vudng goc voi mat phang (P).

2) Tinh khoang cé4ch tir diém A dén mat phang (P). Viét phuong trinh cua mat phiang (Q) sao cho
(Q) song song véi (P) va khoang cach gitra (P) va (Q) bang khoang céach tir diém A dén (P).

X=3+2t
bS: 1. jy=-2-2t 2. d(A.(P)) =7/13 (Q): 2x-2y+z+D=0. d((P),(Q))= 7/3 ta dugc D=6 :D=-8
7=-2+t

Bai 3 (Pé TN 2008, Lan 2, Ban KHTN):

Trong khong gian véi hé toa d6 Oxyz, cho cac diém M(1;-2;0), N(-3;4;2) va mat phang (P) c6
phuong trinh2x+2y+z-7=0.

1. Viét phuong trinh duong thang MN.
2. Tinh khoang cach tir trung diém cua doan thang MN dén mp(P).

X=1-4t
bS: 1. y=-2+6t 2.1(-1;1;1) , d(I,(P)=2
z=2t

Bai 4 (Pé TN 2008, L2, Ban KHXH):

Trong khong gian véi hé toa @6 Oxyz, cho diém A(2;-1;3), mat phang (P):x—2y-2z-10=0.
1) Tinh khoang céch tir diém A dén mp(P).

2). Viét phuong trinh duong thang di qua diém A va vubng goc véi mat phang (P).

X=2+t
bS: 1. D(A,(P))=4 2.y=-1-2t
z=3-2t

Bai 5 (Bé TN BTTH 2006): Trong khdng gian véi hé toa d6 Oxyz cho bén diém A(4; 3; 2), B(3;
0; 0), C(0; 3; 0) va D(0; 0; 3).

1. Viét phuong trinh dudng thang di qua diém A va trong tam G cua tam giac BCD.
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2. Viet phuong trinh mat cau co tdm A va tiep xuc vai mat phang di qua ba diém B, C, D.

x=1-3t
PS: 1. G(1;1;1) {y=1-2t 2. mp(BCD): x+y+z-3=0 R=d(A,(BCD))=2+/3
z=12t

Bai 6 (Bé TN 2006, Ban KHTN):

Trong khong gian toa 46 Oxyz cho ba diém A(2; 0; 0), B(0; 3; 0), C(0; 0; 6).

1. Viét phuong trinh mat phang di qua ba diém A, B, C. Tinh dién tich tam giac ABC.
2. Goi G la trong tam tam giac ABC. Viét phuong trinh mat cau duong kinh OG.

PS: 1. mp(ABC): 3x+2y+z-6=0, S=3J14  2.G(2/3:1;2) ,tam1(1/3;1/2 ;1) R=7/6

Bai 7 (Pé TN 2006, KPB):

Trong khong gian vai hé toa do Oxyz cho ba diém A(1; 0; -1),
B(1; 2; 1), C(0; 2; 0). Goi G latrong tam tam giac ABC.
1. Viét phuong trinh duong thang OG.
2. Viét phuong trinh miat ciu (S) di qua bén diém O, A, B, C.

3. Viét phuong trinh cdc mat phang vudng goc véi duong thang OG va tiép xuc véi mat cau (S)

x = 2t
3
psS: 1. y:%t teR) 2. X*+y*+7%-2x-2y=0 3. mp (P):§x+%y+D=0 d(1,(P))=R
z=0
2 2
D=210-2,D=-—"—-2
3 3V10

Bai 8 (Pé TN 2007, L1, Ban KHXH):
Trong khong gian véi hé toa do Oxyz cho diém E(1;2;3) va mat phang (a):x+2y—-2z+6=0.
1). Viét phuong trinh mét cau (S) ¢6 tam la goc toa do va tiép xtc véi mp(a).

2). Viét phuong trinh tham s6 cua dwong thang (A) di qua diém E va vudng goc véi mp(a)
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X=1+t
bS: 1. .R=d(0,(a))=2 2. {y=2+2t(t eR)
z=3-2t

Hét
CAC BAI TAP ON PPTP TRONG KHONG GIAN

B . Bai tap
Bai 1.

> o

Viét toa d6 cua cac vecto say ddy: a=-2i+ j+3K; b=7
Bai 2.

- - -
Chobavecto a=(2;-1;0),b=(-1;-2;2), C=(-2;1;0).

- - - - - -

c. Timtoaddcuavecto: Vv=-2a+3b-5c vau =3a-2c
Bai 2:  Viét phuong trinh duong thing A di qua diém A(L—2,5)va A vudng goc véi mit phang
(a):2x +3y —6z +1=0

Bai 3:  Viét phuong trinh duong thang A di qua diém A(l; —2;5) va A song song voi duong

x-1 y+3 z

-2 1

thang d :

Bai 4 : Trong khong gian Oxyz, cho hai diém M(1;0;2)va duong thang

Xx=1+2t
(d):qy=-3+t.
7=6-t

1. Viét phuong trinh mp(P) di qua diém M va vudng goc voi dudng thang (d).

2. Tim toa do H hinh chiéu vuéng goc caa M 1én (d)

PS: 1. (P): 2x+y-z=0 2.t=-7/4 H(-10/4:-11/4:31/4)
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Bai 5 :Trong khéng gian véi hé toa do Oxyz, cho diem A(3; -2;-2) va mat phang (P) c6 phuong
trinh 2x-2y+z-1=0.

1) Viét phuong trinh cta dudng thang di qua diém A va vudng goc voi mat phang (P).

2) . Tim toa do H hinh chiéu vuéng goc caa A [én ( P)

X=3+2t
bS: 1. (d): y=-2-2t 2.t=-7/10 H (8/5;-3/5;-27/10)
Z=-2+t

Xx-1 y+2 z-2

Bai 6 Lap pt mp qua diém A, va dt A, biét A(4;-2;3), A: " >

DS: (P): 4x+3y-12z+26=0

X=t
Bai 7 Cho d: y=—11+2td':X_5=y12=2;3. CMr: d cat d”.Viét ptmp chta d va d’.
z=16-t
U = 3-8-3) =0 ,
bS:CM: {1, 1 hoac giai hé c6 nghiém duy nhat . (P): 13x-8y-3z-40=0
[u,u'}.MoMo'zo
X=5+2t X =3+2t"
Bai 8Cho d:{y=1-t va d':{y=-3—t'. CMr: d//d’. Viét ptmp cha d va d’.
- G @
bS:CM . 1 | - hoaccm a)d// d < . (P)y-z+4=0
[u,MM '}:(0;—5;5)::0 M(xo;yo;zo)eéd
X=t Xx=1+t'
Bai9Cho d:qy=1+2t va d':{y=-2+t".
z7=6+3t z=3-t'

a. CMr: d va d’ chéo nhau.
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b. Lap pt mp qua O va song song véi d va d’.

- —

bS: a. [u,u '}.MM '=-14=0 b. (P): -5x+4y-z =0

X =12 + 4t

Bai 10 : Cho duong thang d: Jy=9+3t  vamp(P): 3x+5y—z—-2=0.

z=1+t

a. Tim toa do giao diém cua d va (P)

b. Viét ptmp (P?) qua M(1; 2; -1) va vudng goc véi d. Tinh khoang cach tir M dén d.

c. Tinh goc gita d va (P).
/910

bS: a. t=-3, 1(0;0;-2) b. (P): 4x+3y+z-9=0 ,d(M,d) = 6 C. sing

Bai 11 : Cho mit phang («): 6x+3y+2z-6=0

d. Tim toa do hinh chiéu cua diém A(1,1,2) 1én mat phang («)
e. Tim toa d6 diém dbi xang A’ cua A qua («)
X =1+ 6t

V910

- 35

DbS: a. Pt dt qua A vuong goc (a)la <y=1+3t giai hé ...t=-1/7 , H(L/7;4/7;12I7)

1=2+2t
b. H 1 trung diém doan AA’ suy ra A’(-5/7 ; 1/7 ; 10/7)
Bai 12 : ( TN 2009 nang cao)Trong khong gian Oxyz cho diém

X+l y-2 z+3

A(1; -2; 3) va duong thang d: . ;

1.Viét phuong trinh mat phang qua A va vudng goc véi d

2.Tinh khoang cach tir A dén duodng thang d. Viét phuong trinh mat cau tam A, tiép xdc véi d.

PS: 1. (P): 2x+y-z+3=0 2. d(Ad)= 5v2 , (S): (x-1)%+(y+2)" +(z-3)° =50

Bai 13 (Pé TN 2008, Lan 1, Ban KHTN):

Trong khdng gian véi hé toa do Oxyz, cho diém A(3; -2;-2) va mit phang (P) c6 phuong trinh 2x-

2y+z-1=0.
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1) Viét phuong trinh cua duong thang di qua diem A va vubéng goc vai mat phang (P).

2) Tinh khoang céach tir diém A dén mat phang (P). Viét phuong trinh cua mat phiang (Q) sao cho
(Q) song song véi (P) va khoang cach gitra (P) va (Q) bang khoang céach tir diém A dén (P).

X=3+2t
bS: 1. jy=-2-2t 2. d(A.(P)) = 7/3 (Q): 2x-2y+z+D=0. d((P),(Q))= 7/3 ta dugc D=6 :D=-8
7=-2+t

Bai 14 (Pé TN 2008, Lan 2, Ban KHTN):

Trong khong gian véi hé toa d6 Oxyz, cho cac diém M(1;-2;0), N(-3;4;2) va mat phang (P) c6
phuong trinh2x+2y+z-7=0.

1. Viét phuong trinh duong thang MN.
2. Tinh khoang cach tir trung diém cua doan thang MN dén mp(P).

X=1-4t
bS: 1. y=-2+6t 2.1(-1;1;1) , d(I,(P)=2
7=2t

Bai 15 (bé TN 2008, L2, Ban KHXH):

Trong khong gian véi hé toa @6 Oxyz, cho diém A(2;-1;3), mat phang (P):x—2y-2z-10=0.
1) Tinh khoang céch tir diém A dén mp(P).

2). Viét phuong trinh duong thang di qua diém A va vubng goc véi mat phang (P).

X=2+t
bS: 1. D(A,(P))=4 2.y=-1-2t
z=3-2t

Bai 16 (P& TN BTTH 2006): Trong khong gian véi hé toa dd6 Oxyz cho bén diém A(4; 3; 2),
B(3; 0; 0), C(0; 3; 0) va D(0; 0; 3).

1. Viét phuong trinh duong thang di qua diém A va trong tam G cua tam giac BCD.
2. Viét phuong trinh mat cau co tam A va tiép xuc voi mat phang di qua ba diém B, C, D.

x=1-3t
PS: 1. G(1;1;1) {y=1-2t 2. mp(BCD): x+y+z-3=0 R=d(A,(BCD))=2+/3
z=12t
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Bai 17 (D¢ TN 2006, Ban KHTN):

Trong khong gian toa 46 Oxyz cho ba diém A(2; 0; 0), B(0; 3; 0), C(0; 0; 6).

1. Viét phuong trinh mat phang di qua ba diém A, B, C. Tinh dién tich tam giac ABC.

2. Goi G la trong tam tam giac ABC. Viét phuong trinh mat cau duong kinh OG.

PS: 1. mp(ABC): 3x+2y+z-6=0, S=3J14  2.G(2/3:1;2) ,tam 1(1/3;1/2 ;1) R=7/6
Bai 18 (P& TN 2006, KPB):

Trong khong gian vai hé toa do Oxyz cho ba diém A(1; 0; -1),

B(1; 2; 1), C(0; 2; 0). Goi G latrong tam tam giac ABC.

1. Viét phuong trinh duong thang OG.

2. Viét phuong trinh mit cau (S) di qua bén diém O, A, B, C.

3. Viét phuong trinh cdc mit phang vudng goc véi duong thang OG va tiép xuc véi mat cau (S)

x = 2t
3
psS: 1. y:%t teR) 2. X*+y*+7%-2x-2y=0 3. mp (P):§x+%y+D=0 d(1,(P))=R
z=0
2 2
D=210-2,D=-—"—-2
3 3V10

Bai 19 (D& TN 2007, L1, Ban KHXH):
Trong khong gian véi hé toa o Oxyz cho diém E(1;2;3) va mat phang (a):x+2y—2z+6=0.
1). Viét phuong trinh mét cau (S) ¢6 tam la goc toa do va tiép xtc véi mp(a).

2). Viét phuong trinh tham s6 cua dwong thang (A) di qua diém E va vudng goc véi mp(a)

X=1+t
bS: 1. . R=d(0,(a))=2 2. {y=2+2(t eR)
7z=3-2t
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CHUONG TRINH
HOQI THAO TO CHUC ON THI TOT NGHIEP THPT MON TOAN
NAM HOQC 2011-2012
Thai gian: 01 ngay, thir nam ngay 05/4/2012.
Pia diém: Truong THPT V6 Truong Toan TP Bén Tre
Thanh phan tham dw: Can bo, gido vién dang giang day mon Toan khdi 12 cua cac truong THPT
va cac TT GDTX trong tinh.

Thaoi gian Noi dung ‘ Nguoi thye hién
7930 — 7935 Gidi thi€u myc dich — yéu cau cua Hoi Ong Nguyen Hitu Thi (GV
thao, dai biéu, thanh phan tham du truong THPT Ng6 Vian Can)
7935 - 8900 Khai mac: Phat bi€u khai mac Lanh dao S6 GD&DT
8900 — 8920 Hudng dan 6n tap va lam bai thi TN Ong Pham Dinh Luyén (CV
THPT mén Toan Phong GDTrH So6 GD&DT)
8920 — 9900 Chu dé 1: Ung dung ctia dao ham Ong Lé Vian Diing (GV truong
THPT Nguyén Dinh Chiéu)
Nghi giai lao
9900 - 9915
9915 — 9945 Chu dé 2: Ham s0 lu thira, ham s6 mii va | Ong Nguyén Van Hoi (GV
ham so6 logarit truong THPT Ca Van Thinh)
9945 — 10930 Chu dé 3: Nguy@n ham, tich phan va tmg | Ong Nguyén Vin Tuan (GV
dung truong THPT Cheguevara)
10g30 — 11g Chu dé 4: So phtic Ong Nguyén Hitu Thi (GV
’ truong THPT Ngb Vian Can)
Chu dé 5, 6: Khoi da dién va khoi tron Ong D6 Quang Trang (GV
13930 — 14915 xoay truong THPT Huynh Tan Phat)
14915 - 15900 Chu dé 7: Phuong phép toa do trong Ong Nguyén Vin Kién (GV
khong gian truong THPT Phan Van Tri)
15900 — 15915 Nghi giai lao
15g15 — 16900 Tong két Ong Pham Pinh Luyén (chuyén
vién phong GDTrH)
16900 — 16g30 Phat biéu két thuc Hoi thao Lanh dao So6 GD&DT
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